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Cabin model showing single-bounce calculation.
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Indirect irradiance record placement shown as red spheres.  Note how
record spacing is large on flat surfaces far from neighboring geometry,
then bunches up on outside curves and (especially) inside corners.
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Irradiance Cache Data
Structure

struct indirect_irradiance_value {
float  pos[3]; /* position in space */
float  dir[3]; /* normal direction */
int    lvl; /* recursion level of parent ray */
float  weight; /* weight of parent ray */
float  rad; /* validity radius */
COLOR  val; /* computed ambient value */
float  gpos[3]; /* gradient wrt. position */
float  gdir[3]; /* gradient wrt. direction */

};

We discuss the gradient vectors next…

The ray level and weight are used to determine when to truncate the
ray tree.  The position and normal vectors are used in the
weight/threshold computation, together with the “validity radius.”
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Irradiance Gradients

• From hemisphere sampling, we can
also compute change w.r.t. position and
direction
– Gradient information comes essentially free

• Equivalent to higher-order interpolation
method, i.e., cubic vs. linear

Initially, Paul Heckbert and I were thinking a gradient calculation could
inform better value spacing.  A year went by before we realized that it
was better to apply them directly during interpolation to reduce
discontinuities.  This also avoids bias issues.
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Rotational Gradient

• As view rotates,
surface sees more
(or less) of bright
object

• Estimate rotational
change based on
hemisphere samples

Caveat: we cannot know what will appear over the horizon.
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Rotational Gradient Formula

The rotational gradient is zero at the zenith because the derivative of
the cosine is zero, hence small rotations don’t affect contribution for
samples looking straight up.
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Translational Gradient

• Translation of
surface element
exposes (or hides)
bright occluded
objects and shifts
boundaries

• Estimate changes
using hemisphere

The distance to our sampled geometry is important, and we have to
assume that disocclusions look like what we already see of the
background object.  Hence, the boundary moves as the nearer edge
moves rather than the further surface.
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Translational Gradient
Formula

Refer to the vector diagram on the rotational gradient slide for variable
definitions.  Here, the ‘+’ and ‘-’ suffixes refer to the vectors (not drawn)
corresponding to the leading and trailing edges of each cell,
respectively.  The Min(a,b) function is used to determine the closer of
two neighboring surface samples.
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Gradient Interpolation

• Weights wi(P) same as before
• Essentially modifies Ei’s used for interpolation
• Gradient also used to cap valid radii

Once we have our rotational and translational gradients corresponding
to each irradiance value, we can apply them in a first-order, weighted
interpolation as shown.
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Irradiance Gradient Results

(no overture)

The effect of applying the irradiance gradient technique is highlighted in
this extrapolated calculation, where lazy evaluation is shown in its “full
glory.”  Despite discontinuities introduced by adding values to the
cache during scanline rendering, our first-order extrapolation makes
these artifacts all but disappear.  Value placement is shown together
with the comparative error when applying gradients to interpolation
(I.e., adding an overture calculation).
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Irradiance Cache Limitations

• Cached values over very different scales
– May cause light leaks if value spacing not limited properly

• Also, “hairy” geometry: forests, grass, etc.

Jaroslav has a solution called “neighbor clamping” for this problem.
Hairy geometry is best dealt with by switching to a noisy MCPT method
for busy topologies.
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Sources of Bias in Irradiance
Cache

• Super-sampling of hemisphere
– Naïve adaptive sampling approach is biased

• Truncation bias from limited bounces
– Caching overrides Russian roulette in Radiance

• Placing limits on value spacing
– Degrades fine-scale features

• Assumed average scene reflectance
– Undermines accuracy in white-walled enclosure

To eliminate bias, don’t use adaptive super-sampling, add Russian
roulette to final bounce via path tracing, eliminate minimum value
spacing (expensive) and use actual surface reflectances (undermines
sharing).  Decreasing number of hemisphere samples (by reflectance)
and increasing sample spacing (by reflectance^-0.5) distributes errors
evenly between levels and speeds convergence.
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Implementation of Irradiance
Caching in Radiance

Greg Ward
Dolby Canada
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Irradiance Cache
Enhancements in Radiance

1. Computation of ambient “constant”
2. Adaptive super-sampling on hemisphere
3. Maximum and minimum record spacing
4. Gradient limit on record spacing
5. Bump maps using rotation gradient
6. Options for excluding surfaces/materials
7. Record sharing for multiprocessors
8. Record sorting for cache coherency
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Computation of Ambient
“Constant”

• So-called “ambient term” approximates
the remainder of an infinite series

• An average of top-level indirect
irradiances is a good approximation

• A moving average may be used as the
irradiance cache is filled over time

• Over-estimating ambient term is worse
than under-estimating

The -aw option in Radiance controls this function.  As indirect values
are collected, they overtake the initial, user-specified ambient term.  It’s
one of those features that seemed like a good idea at the time, but in
practice it doesn’t get much use.
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Adaptive Super-Sampling

• To maximize accuracy of
indirect irradiance integral,
super-sample high variance
regions
– Detect variance based on

neighborhood
• Sample until error is uniform

over projected hemisphere or
sampling limit is reached

Controlled by the -as option in Radiance, this often-used optimization is
especially effective in bright, daylighted interiors.



Irradiance Caching Class August 2008

G. Ward

Maximum and Minimum
Record Spacing

• Without a minimum record spacing,
inside corners get resolved to a pixel
level

• Applying a minimum spacing, accuracy
gradually rolls off at a certain scene
scale

• A maximum value spacing of 64 times
the minimum spacing seems about right

If available, ray pixel size may also be used to adjust record spacing,
though this would tend to undermine view independence.
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Gradient Limit on Record
Spacing

• The gradient does not control spacing
unless ||gradient||*radius > 1

• Then, to avoid negative values and
improve accuracy, we reduce radius to
1/||gradient||

• If we have reached the minimum
spacing, then reduce the gradient,
instead

It is important *not* to use the gradient to determine record spacing in
general, as we cannot know what the gradient is before sampling, and
we don’t know how often to sample if the gradient dictates spacing.  It is
better to use a conservative metric that doesn’t depend on actual scene
radiances, which may or may not behave as expected.
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Bump Maps Using Rotation
Gradient

• Bumpy surfaces reduce record sharing
• Ignoring bump map, we can apply rotation

gradient for irradiance just calculated
• This promotes optimal reuse and spacing

It also avoids the problem
of sample leaks

No-cost addition to irradiance gradient calculation -- just apply the
perturbed surface normals on the final interpolation.
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Options for Excluding
Materials

• User-selected materials (and the surfaces
they modify) may be excluded from indirect

• This saves hours of pointless interreflection
calculations in fields of grass, etc.

• If only a few materials are to be included, an
include list may be specified, instead

• It would be better to have a second type of
interreflection calculation available

The -ae option excludes a single material (and its assigns), whereas -
aE excludes all materials listed in a file.  The -ai and -aI options may be
used to specify included materials, instead.
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Record Sharing for
Multiprocessors

• In addition to reusing records for subsequent
views, irradiance cache files are used to
share records between multiple processes

• Synchronize: lock→read→write→unlock
• Records from other processes are read in,

then this process’ new records written out
• NFS lock manager not always reliable

This technique works with a fixed buffer size of about 13 records up to
10 processors or so, then a larger buffer works better.  At some point, I
would like to implement a client-server or broadcast model to reduce
overhead and avoid problems with NFS.
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Record Sorting for Cache
Coherency

• Indirect records storage and access may be
poorly correlated
– Causes poor VM coherency and performance

• Sorting records from most- to least-recently
used improves access coherency

• Radiance does this at increasing intervals
during indirect record accumulation

There are additional caveats in cases where indirect values are being shared.
Since a field is stored in each record for when it was last used, and changing
this would undermine value sharing, we turn this optimization off when more
than a third of the records are being shared across processes.  The biggest
savings occur in processes that exceed physical memory, which causes VM
thrashing.
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Conclusions

• Irradiance cache was implemented in
Radiance around 1986

• First SIGGRAPH submission was
rejected, and paper was completely
rewritten (twice)

• Refinements have been few and subtle
• C code is about 1500 lines of 30,000 in
Radiance rendering engine



6ll • Computer Graphics, Volume 22, Number 4, Augus t 1988

A Ray Tracing Solutio n
for

Diffuse Interreflection

Cre gory J. Ward
Franc" M. Rdin , ft,1'n

Rob ert D. Clt ar

LigAting S1, tem, R u tGrcA
Lawr enee Ber keley Laboratory

1 e ye/atrl lft Rd ., 9().3111
B erl:t.lt,1, CA 947£0

( / 15) ,S6-,757

Abs tn .ct

An efficient. ray tr acing met hod is presented for calcul ating
inte rrefleerions betw een sur faces wit h both diffuse an d spec ulai' com­
ponents. A Mont e Car lo t echn ique computes the indi rect cont r ibu­
tions to illum inan ce a.t locat ions chosen by th e rendering proc ess.
Th e ind irect illuminan ce values ar e averaged over surfaces and used
in place of a cOMta n t " amb ient." te rm. Illumin an ce calculations are
mad e only (or th ose are as par t icipati ng in the selec ted view, an d the
results are sto red so that subsequent views can reuse common
valu es . Th e density of th e cal culati on is adjuste d to maintain a
cons tan t. accu racy , perm ittin g less popu lated po rt icna of the scene to
be compute d quickly . Successive reflections use propor tional ly fewer
sa mples , which speeds the process and provides a natur al lim it to
recurs ion . Th e tec hni que can also mode l diffuse t rans mission and
illumina t ion fro m large aru $()UfCe8, such as the sky .

Ge neral T erms : Algorithm , complexity .

Add it ional K eywords and Ph rases : Cac hing, diffuse, illu minan ce,
int erre ftectio n , lu minan ce, Monte Car lo tec hnique, rad iosity , ray
t rac ing, rend erin g, spec ular .

1 . In tr oduc.tion

T he reali st ic compute r rend eri ng of a geom et ric mod el requir es
the fai t hful simulat ion of light exchan ge betw een surfaces . Ra y
tr aci ng is a simple and elegant appro ach th at has produ ced some of
the most realis t ic ima ges to date . T he st andard ray t rac ing met hod
follows ligh t back wa rds from the viewpo int. to mod el reflect ion an d
re frac t ion fro m specular sur faces , as well as direct di ffuse illumine­
tion and shad ows 115!. Accu racy has been impro ved with bet te r
re8ect ion mod els [4 and stoc hastic sa mpling tec hniques [6J. Un for-­
tunate ly, tbe t rea tm ent. of diffuse in terrefleeticn in con vent ional ray
tracers h as been limite d to a constant " ambient" te rm. Th is
approx im at ion fai ls to produ ce detai l in shadows, and preclud es the
use of ray t rac ing where indirect lighting is impo rt ant .

We present. a met hod for mod eling indirect cont.ributions to
illuminat ion usin g ray t rac ing. A diffuse interr ef lection calc ula tion
replaces the amb ient te rm directl y , without affecti ng th e form ulas or
algorithms used for din ct and specular eem pce ente . Efficiency i.e
obtai ned with an approp riate mix of view-depend ent an d view­
indep end ent te chniqu es .

Perm ission to co py with out fee all or part of th is materi al is granted
provided that the co pies are not mad e or di strib uted for direct
co mmercia l advanta ge. the AC M co pyright not ice and the ti tle of the
publ icat ion and its dat e a ppea r. and notice is given thai copying is by
permi ssion of the Associat ion for Computing Machine ry . To cop y
otherwise. o r to republish, requires a fee and / o r spec ific per missio n.

2. Interrefl ection in Ray T rae:tnc
Ra y tr acing computes multip le reflect ions by recurs ion (Fi g-

ure 1). At eac h leve l, t he calculat ion proceede as follows:

1. Intersect the ray with scene geometry .

2. Co mpute dir ect cont ribut ions from light sources .

3. Co mpute specular cont ribu t.ions from re8ect ing surfaces .

4. Co mpute diffuse contrib utions from reflecting sur faces ,

Th e complexity of the calcula t ion is closely relate d to the difficulty
of ste p I , and the numb er of ti mes it. is executed as deter min ed by
t-he propagat-ion (recursion ) of ste ps 2 through 4. Ste p 2 requi res as
many new rays as there are light. sources , but the rays do not pro­
pagate so there is no growt h in the calculat ion . Ste p 3 can re8ult in
.. few propag ating ra.ys that lead to geom etri c growth if unchecked.
Meth ods for efficient specular compone nt computa t ion hav e been
describe d by 18], [5] an d I14J. Th e di ffuse contri buti ons in step 4,
howeve r , requi re man y (> 100) prop agat-ing rays that quick ly
overwhe lm a convent ional calculat.ion . Moet methods simply avoid
t.his step by subst it-ut ing a cons t ant amb ient te rm. O ur goal is to
find an efficient meth od for co mput ing di ffuse inte rre flecrion and
th ereby complete th e ray trac ing solut ion . We star t with a sum­
mary of previou s work in this are a .

An ad van ced ray t racing meth od develop ed by Kaji ya follows
a fixed nu mbe r of paths to appro xim ate global illumina tion at each
pix el [8J. Using hierarchi cal " impo rt ance " sampling to reduce vari ­
ance, t-he illumina t ion in teg ral is compute d with fewer rays t.han a
naiv e calculati on would requi re . Th is brin gs ray t rac ing close r to a
full eclut ic n with out compromising its basi c prop ert ies : sepa ra te
geom et ric and light ing roedels , view-de pendence lor efficient. rend er-­
ing at specular effects , an d pixel-indep endence for paral lel im plemen­
tati ons . Unfortunate ly , the me thod is not well suited to calcu lat ing
di ffuse inte rreftection , which st ill requ ires hundreds of samples. A
bigb-reeo lut ion image simply bas too man y pixels to compute global
illumin ati on separa te ly at. each one.

Th e radi os ity meth od , based on radi at ive heat t.rans fer , is well
su ite d to calcula ting diffuse interrefl ectic n [12][10][2J. Sur faces are
d ieeret ieed into pa tc hes of roughly uniform size, and the energy
exchan ge betw een patch es is comput ed in a comp let ely view­
indepe nde nt. mann er . Th e meth od makes efficient U5t of visibility
informati on to compute mu lt ipl e reflect ions , and sample points are
space d so that the re is sufficient. reso lu t ion with out makin g the cal­
culation int ract able . In areas where illuminat ion chang es rapid ly ,
t he patch es can be ada pt ively subd ivided to main ta in accuracy [3J.
Howev er, th e st andard rad ioeity method mod els only diffuse sur­
facea, whi ch limite th e rea lism 01 its rend erin gs . Immel exte nde d the
ap proac h to include non-di ffuse environm enta, adding bid irection al
reflectan ce to the energy equa t ions [7}. Unfort unat ely, th e view.
inde pendent solut ion of specular int eerefleerion be twee n surfaces
requires sa mpling radi a ted di rec tions over very sma ll (ap pro achin g
pixel-sized) surface patc hes . T he resul tin g computa t ion is in t rac ....
abl e for all but the si mplest scenes . .

© 1988 ACM .(}..89191·275-6/88/008/0085 $00.75
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1. Ray intersection withsurface

Incomingray

3. Rays to campUle specular
componou

2. Rays to compute direct
component

4. Rays to compute diffuse
compoM nt

Figure 1 : The Cour steps or ray truing .

A combined ray t.racing and radi oot y app roach WL'l designed
by Wall ace to take &dv&ntage orth e complem entary propert ies of
the two techniqu es 1131. Wal lace div ides energy transport into (our
" mecha nisms:" dift'use-diffU3C, epeculer- difluse , difluee-apecul ...., and
specular-specular, He t hen proceeds to account Cor mOlSl oC tbe ee
int.era ction s with clever combina tions oC ray trac ing and rad iosit.y
techniqu ee. Unlonunat.ely , there are really a.n infinite numb er of
trana pon mechani sms , such as speculu- apecu).,.. difJuae, which are
neglect.ed by his eeleulericn. Th e s eneralis at ion Wall ace . ugges'"
(or his appro ach is equival ent. CoO\licw-indcpcnJent ra y "racing ,
which is even more expens ive t.han general radiOllity 17).

S. D lfI'uae In d ir ec t lUuminatlon
Our develop men t of an efficient ray t racin g solution to ditru.se

interre 8ectio n is beeed on the following obMrvations ;

Because re8 ed ing surfaces art widely distrib uted, the compu­
tat ion of difl'use indirect. ilIumi nat.ion requires many samp le
r ..y • .

In our enhance ment of the besie r&y tr&dng tee bnlque, indirec t
illum inan ce valu es are cach ed in t he (ollowing mann er ;

H one or mor e values is sto red neat thi s point
Use stored n Jue(s)

EI..
Comput e and store new value at. t.his point

Th e comput.at.ioo of a new valu e ~ lobe " primary method ." The
techn ique for findin& and using store d values is called lobe

" second ary meth od ." The primary met-hod is invoked to calculate a
new valu e. th e 61"111, time it. is needed , which is when the IItcoodary
m~t.hod fails to produ ce a usab le estimate from pre vious calcuJat-ioos
(Flgun: . 2). In ter min ing th e approp riate ranl e and present ing a
~&Ce-lndependent. sto rage tec hni que art tbe two main pointa of
thia pape r . Before we explore th ese iu ues, we present a buic com­
putat ion of indirect illuminance .

F igure 2: Illuminan ces E1 and Et wen: calculated pre­
viously uain!!:the primary method . Test point A uses an
average or E1 end Et . Point. B uses Et . Point C
results in a new indirect. ilJuminan ce value at tha t loca­
t ion .

Th e resulting " indirect illuminan ce" valuet is view­
independent. by the Lambert ian usump t ion [9J.

Th e ind ire<t illumi nan ce tend s to change slowly over a surface
beeeuee the dire ct romponent and ita auoc i..ted shadows have
already been accounted for by ste p 2 of the ray tr acins calcu­
lat ion.

Fo r the sake of efficiency . indirect illuminan ce should not be recal cu­
lated at each pixel , but should instu d be averaged over surfaces
from a small set o( compute d value s. Co mput ing each valu e misht
require man y sampl es, but the num ber of values would not. depend
on tb e num ber of pixels, so high resolutio n images could be pro­
duc ed effid entJy . Also, since il lumtneee e does not depend on view,
th e values could be reused (or many images.

How can we benefit. (rom a view-indepe ndent. eeleulat ion in th e
inh eren tly view-dependen t world of ray tr acing! We do not. wish to
limit or burden the gec metrie model with illumin ance intorm at.ion,
&! required by she su rface diac:retiu t ion of the radiosit.y met hod . By
the sa me to ken , we do not. WWl to Lake view-independe nce too fu ,
calcu l.t.i n!!:illuminance on surf&Cesth&t.play no part. in th e desired
vie" . Instead we would like to take our larg e sam ple of rays on ly
when and where it is ntc tSl5&.r)'(or the accurate comp utatio n o( en
image, aton nK th e result in a IItparate dat a st ruct ure t.h&t puts no
const rai nts on the surfac e geometry .

tWe deb e ladired i11l1miaatlce .. the Iilb L lIu per IInit un. .,., if inl lot I.
IIIrrloCllocl.t loll , II. IlOn·Mlr·l llmillolia I.u te.e" .
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3.1. T he Illuminance In te&ul
Illumi nance is defined on &. surface as the integ ral of lumi na nce

ove r the project ed hemi sphe re [9J:

•
2112

E '" 11L(9, ejI) cos esin ede dcfl

where e= pol ar ang le

• = azimuthalangle

L(9, oi) • luminance from direction (9, oi)

( I)

Figu r e 3 : The spli t sphere model. A surface element is
locat ed at the cen te r or a half-d ark sphere .

In our pr imary meth od (or calculati ng indirect illum inan ce, the
integral is appro ximated with a discr ete set of sa mple ray s that. do
not inte rsect light sources . A uni form segm ented Mon te Car lo dis­
t.ribut ion is deri ved b y etendard t ran sforma tion meth ods [l1 J:

An ap proximat e bound to th e chan ge in illuminance in the
split sphere , e, is given by th e first order Ta ylor expansion for a
Juncti on of two va riables:

~cause the ilIumiDanc~ at the eeute r is propo rtio nal to th e pro­
J~cted ~ea ~r th e bnght half of t.he hemisp here , the part ial
d~fferentl~s w~tb re~pec~ to % and ( are proport ional to the partial
c ang es 10 thia proje euon . In te rms of s , the differential chang e

ove r th e project ed ar ea is 2Ra~ •which is~. In terms of { the
. . It rrR'Jae YI:1rR 1fR '

ra tio 18~' or simp ly ae. Combining these results with the

tr iang le inequality , we get:

E-...lL! f L (9·,oi. )
20 2 j- I k_ l J

where: 9 . -I (N--x, ). = SIn --
J n

(k - y.l
'Ir.=/t -n -

X
j
• Y Ii: '" uniform random numbers between 0 and 1

202 "" total nwnber of samples

(2)
I
aE as I< -{x-x\+-(~- ~l

£ _ ax 0' ~ 0

es ~-? Ix-xol+ EoI~ -~o l

(3&)

(3h)

In general, a bet ter appro xima tion to (1) may be obtai n ed with
(ewer rays usin g hierarch ical sa mpling tec hniques [8]. Th e pa rt icular
method chose n does not affect the remainder of this discuss ion .

3.2. Illuminance Averaging

Th e seco nda ry meth od pe rforms two funct ions altern ati vely .
It either approximates illumi nanc e by averaging be tween pri mary
val ues , or deter mines tha La new primary valu e is needed . To main ­
tain a constant accuracy with a mini mum or primary eva luatio ns , it
is necessa ry to esti mate the illu minan ce gradi ent on eecb surface.
Wh ere the illum inance cha nges slowly, as in flat open areee, Iewer
values are required . Wher e th ere is a larg e grad ient , from high su r­
race curvat ure or nearby obje cts, more frequent pr imary evalua t ions
are necessary . Our met hod uses an est imate of th e chan ge in illumi­
nan ce over a surface bas ed on scene geomet ry . Th e inverse of th is
chang e serves as the weight (or each prim ary val ue dur ing

averaging. H none of t he values has a weight above a speci fied
min imum , th e pri mary method is invoked at tha t loca tion .

We introdu ce a simple model to re late the illum inan ce gra­
dient to scene geomet ry based on th e assumpt ion tha t narrow con­
cent rat ions of lumi nan ce can be neglected . (Such localized sourc es
should be included in the direct compon ent calculat ion, since Mon te
Carlo sampling is & had way to find rhem.] A surface element is
located aL the center or a sphe re (Figu re 3). Half of th e sphere is
bright , the ot her half is dar k . T he sur face element (aces th e divid­
ing lin e betw een the two halv es . T he " split sphere " has th e larg est
grad ient possib le for an environ ment without concentr at ed sources .

Note tha t th e cha nge in illuminan ce with respect. to locat ion ill
inversely pro portional to the radius, R . while the change with
respect to orientati on does not. depend on th e sph ere geometry . We
can exte nd our app roximati on to more comp licated geomet ries by
replacing z and ewith vector-d erived values :

~ [ 4 liP-P.II I ~ ~ ~ ~ ] (4)
£( P) ~ Eo - - R-' - + \f 2 -2N( P) -N (P ol

• 0

where: N(P)- sunace normalat positionP
~

Po =. surfaceelement location

Eo ... illuminance at P:
Ro =. "average"distanceto surfaces at Po

Th e ch~ge in % becom es th e distance betw een two pointe, and the
chan ge In ebecomes th e angl e betw een two eurfeee norm als. Th is
equation is used to est imate the rela t ive change in illuminance for
any geometry . Both th e po ints and the surface nor mals ~ deter­
mined by t.he ray interse ct-ion calcu latio n . R 0 is the harm on ic mean
(reciprocal mean reciproca l) of distance!l to visible surfaces, which
can be computed (rom ray lengths during prim ary eval uat ion .
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The invent or the est imate d erro r is used in a weighted ave r­

age approx imat ion or illuminance :

~> (P)! ;, ,
(5)

£(P ) ~ i E I

2, w, ( P )
i E •

The approximat e illum inan ce, E (P ), is given by the weighted mean
of all "adjacent." illuminan ce va lues. The weight or a value is equal
to the inverse of ita est ima ted er ror, without the const ant te rms that
an valid only Cor the split. sphere (4/1f and..l2). An illuminance
value with an erro r oCzero (P. equal to}'1) will have infinite weight .
All value s with an est imated error less than jI; will be included in
the set of adja.eent illuminances , S . U S ia empty . a new primary
illuminan ce valu e must be calculate d at. P. (An efficient method Cor
determin ing the members or S is given in the next eeeric n.]

T he constan !. (I is d irectly related to th e maximum approxim ..
tion error. Whe n t he approximat ion is app lied to th e sp lit sphere,
the erro r is less then L-hE , where E is a et raig ht ave rag e of E;
over S . In general , the illum inan ce gradient may be l&rger or
smaller than th e split sphe re , but it will always be roughly propor­
tional to a . It is interesting to note !.hat for. leas tban or equal to
I , S will not contain any va lue farther than the average spac ing or
with a surface no rmal more than 90 degree s from the tes t loca tion .
Intu itive ly , such a va lue would be expected to have 100%error .

In preeciee , addit ional tes ts are requi red to res t rict the vel uee
include d in S . The ray recursion dept h must. be consid ered sc t.haL
va lues compu ted afte r one or more bou nces are not . ubat.ituted for
final illumin ances. This is easil y prevented by keepin g separate
value lists at eac h recurs ion level. A different prob lem arises fro m
our generaliut ion of the split sphe re mode l. Equation (4) assum es
that motion in any dire ction is equivalent to motio n in s . As a
tesu lt., t he set S can include illuminance va lues tha t. lie on objects
shadow ing the test point , P (Figur e 4). We there fore introduce a
test to reject illum inan ce val ues that are " in front " of P:

Cachi ng indirect illuminan ce is simple and efficient . T he erro r
est imate resul ts in a minimum of primary evaluationa and & near ly
con st.ant accu racy . Sect ions of the scene that do not. cont ribute to
th e image, directl y or indirec t ly, are not examin ed since no r&ys
reach the m. Ar eas where th e indi rect illuminan ce var ies rapidly,
from chan ging surface ori entati on or th e in8u enc e of nearb y obieete ,
will have a higber conce nt ratio n of valu es. Fl at areas without.
nearby in fluences will ha ve only a few values . Dynamic evaluation
ob via tes surface diacretia eti cn and preeamp ling, so scene represent...
tion is not restrict ed .

Figu re Sa sho ws thr ee colored , tex tu red blocks on a tabl e
illuminated by a low-angle light sourc e. Figure 5b shows th e place­
ment. of ind ire ct illuminan ce valu es . Note t.hat she veluee crowd
around inside corners, where surfaces an in close vis ual con tact an d
ou tsid e corners , where the surface curvature is large. Also: the
sp ace between and immed iately surro undi ng th e blocks is more
densely populated t.han th e backg round , where only a few value s ere
spread over a wide ar ea. This dist.rib ut ion is different. fro m the stan ­
dard radioaity technique, which compute s values at grid poin ts on
each surface. By select ing valu e locat ioJUlbased on the est imated
illuminance gradi ent , a more accura te calcula t ion is ob tain ed with
fewer sam ples.

Averagi ng illum inan ce values over sur faces results in lower
pixel varianc e t.han prod uced by st.an dard ray l radng techn iques.
Figur e M was produ ced by a pure Monte Ca rlo compuLation that.
used as many ray s as th e calculat ion of Figure Sa. Th e speckling
resul ts from inadeq ua te int egrati on of t.he indire ct cont ributio ns at
each pixel. Since every pixel req ui res .. aepu&te calcul&t.ioD, only a
few diffuse sa mples are possib le over the hemisph ere. If a sample
happ ens to catch a brigh t re flecti on , the illuminan ce compute d at.
t.hat po int will be disp roportio natel y lar ge. Caching permits a
bet te r inte gra t ion to be performed tessfrequent ly, ther eby obtaining
a more realisti c rendering t.ha n is feasible with pixel-ind epend ent ray
t rac ing.

3 .3 . Ill um inan ce Storag e

For th e secondary method to be signi ficant.ly fast er than the
primary meth od , we need an efficient t echniqu e for finding the
members of S (Eq uation 5). W it.ho ut placing any restricti ons on
ecene geometry , an octre e permits efficient range sea rchin g in three
dim ens ion s [11. A globa l cube is identi fied that enco mpass es all
finit e surf aces in th e scene . Wh en th e primary method calculates a
new indi rect illuminan ce at a scene Iceeuo n, tb e globa l cube is sub­
divided as necessary to contai n the valu e. Each illuminan ce, ~ , is
stored in the oewee nod e conta ining its posi tion , Pi, and having a
size (side length) grea t.er tha n twi ce but not more than fou r tim es
the appropriate " val id domai n," aR, . This gu arantees tbat th e
stored illuminan ce val ue will sati sfy th e condit ion for S in DO more
than eight cubes on its own cc t ree level , and a value wit h a smaU
val id domai n will only be examin ed in close-rang e searches . Ea ch
node in the cc tree will cont ain " (possibly empt y) list of illum inan ce
values, and a (possi bly nil) po inte r to eight children . (A two­
dimensional an alogy is given in Figur e 6.) To searc h the t ree for
va lues whose valid domain may contai n the poin t. P , tb e followin g
reeuesive prceedure is used :

(6)

... user selected constant

1
w i ( P) = -;;;f:i1-;;---;':::~=:;:~=~

IIP -p'1I+J l -N (pH :f(p.)
R,

E
j

computedilluminanceat ~

R
j

... harmonicmeandistance 10objec ts visible from Pi
S p : Wi ( P) > 1/ 0 )

where:

If til (1') is leas tha n zero, th en p,. is in fron t of jJ 80 th e va lue is
excluded .

F ia u r e 4 ; Po8Ce8 few close-by sur faces , 150 its est imat ed
error at jJ is small. But jJ is shadowed by th e surface
und er Po, an d the tru e illum inan ce is different .

Fo r eac h illuminan ce val ue at t.his nod e
II wi(J' »I /. and J, (J' l?;O

Inclu de value
Fo r each ch ild

If P is within hal f the child's size of its cube bo undary
Search child node

Th is algorit.hm will not only pick up t.he nod es cont aining P, but.
will else search node s having boundari es within h alf the cube sin of
P. In this way , aU lists that might. have a.n illuminan ce va lue
whose v alid domain cont ains P will be examined . The worst eese
per formanc e of tbis algo rit.hm is 0 (N ), where N is t.be numbe r of
val ues . Pe rforman ce for a uni form distribution is 0 (10' (N »).

T he eeele of t.he aorti ng algo rithm can be chan ged ao· tbat th e
cet ree cube s are eith er large r or smaller t.han she domains of the
val ues they contain . H the cubes an smaller, each examined list
will be more likely tc contain usabl e val ues . However, many of tbe
cubes will be emp ty. U the cubes are larg er , more of the val ues will
ha ve to be exa mined, but less searc hing through ehe t ree will be
neceNlU")'. 10 any case , cha nging the scale does not. affect th e tu ne­
tion ing of the algorithm , only its performan ce in a given situation.
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Beeau.eour averacinl t.«hnique ..... derived from a uplifted

model (the spUt epbere] , it is important to .wdy ate perfotnWlce in
IituatiODJl where the mode l ie~ predictin. Two nch CalM are
illustrated in FilUR 11. They -an: both related to brilbt , localised
reftectioDl, such AI tbose that mi.g-ht.I'elRI.kfrom a apotlipt or mir­
ror. It a brilht spot is partially bidden by an occludinllUrfaee, or
on the horiZOD,then email chanps in element Iocaiioo and orieo,-",
uon ean result in larse chanles in iUuminaDce. ne averaciDi teeb­
nique we have developed wiD not respond approprw.ely , aDd lobe
error related to • will be much l&fIer than t.he orisinalIpUt 'Phere
model. However , bria:bt apote aJ.o make trouble for &.beMoa&e
Car lo calculation, ...hich requila • hiPer aample dtDlit1 to bel _ d
intea:rate IUch luminance spikes . There iI DO k.nown tiPtinccale.
latioo that can track these email "8OCODdary eoureee" efficaen&ly.
Our technique usee a smaller val ue for . topther wit.h • hicher
Monte Carlo aample denaity to model theee eled., with •
corrupondina: increase in complexity.
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ABSTRACT

A new method for improving the accuracy of a diffuse interreflection calculation
is introduced in a ray tracing context. The information from a hemispherical sampling
of the luminous environment is interpreted in a new way to predict the change in irra-
diance as a function of position and surface orientation. The additional computation
involved is modest and the benefit is substantial. An improved interpolation of irradi-
ance resulting from the gradient calculation produces smoother, more accurate render-
ings. This result is achieved through better utilization of ray samples rather than addi-
tional samples or alternate sampling strategies. Thus, the technique is applicable to a
variety of global illumination algorithms that use hemicubes or Monte Carlo sampling
techniques.

1. Introduction

Global illumination can be simulated using both ray tracing and radiosity algorithms. Both approaches
typically rely on calculations of patch irradiances which are used to revise other patch irradiances itera-
tively or to render a final image†. In most radiosity algorithms, patch radiosities are considered
__________________
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constant during the solution stage, and bilinear interpolation (Gouraud shading) is used to compute pixel
values during rendering. It has been shown that these piecewise-constant approximations are quite inac-
curate, and that much more accurate approximations can be simulated using linear, quadratic, and
higher order approximation [Heckbert91b]. Linear approximations have recently been implemented for
3-D radiosity [Max92] and 2-D radiosity [Heckbert91a] [Lischinski91].

Higher order approximations require more information about the irradiance function in order to be
worthwhile, however; one must increase either the number of samples or the information content of
each sample. If higher order interpolation were used without additional information, the resulting shad-
ing would look smoother, but it would be objectively no more accurate than standard bilinear interpola-
tion.

Rather than increase the number of samples, as more brute-force algorithms have done, our method
increases the information content of each sample to include estimates of the first derivative, or gradient,
of the irradiance.

In this paper, we will show how the irradiance gradient at a point can be computed during a standard
Monte Carlo evaluation of irradiance at almost no additional cost. The key to this innovation is the
wealth of information contained in a sampling of the hemisphere. During the sampling process, the dis-
tances, brightnesses, and directions of the visible surfaces are all known, and from this knowledge it is
possible to deduce with reasonable accuracy how the irradiance will change with respect to position and
orientation of the test surface element. The gradient approximation given here is based on minimal,
intuitive assumptions of geometric continuity.

Knowing the irradiance gradient along with the irradiance value at a point allows us to justify a bicubic
or like-order interpolation method, and produces not only smoother but significantly more accurate
results. The irradiance gradient method will be demonstrated in the context of a meshless irradiance
caching scheme [Ward88b], though the technique may also be applied in mesh-dependent radiosity
algorithms.

2. The RADIANCE Simulation

Radiance is a physically-based lighting simulation system developed over the past seven years at the
Lawrence Berkeley Laboratory in California and the Ecole Polytechnique Federale de Lausanne in
Switzerland. The software is free and publicly available from anonymous ftp sites at both locations.
Since the algorithm described in this paper has been implemented in the context of theRadiancepro-
gram, it is necessary to briefly explain the workings of this simulation before delving into the irradiance
gradient calculation itself.

Radianceis basically a light-backwards ray tracing program [Whitted80] that uses irradiance caching to
efficiently account for diffuse interreflection between surfaces. The basic algorithms used inRadiance
are described in [Ward88a] and a general overview of the software is provided in [Ward90]. Basically,
Radianceuses ray tracing in a recursive evaluation of the radiance equation†:

L (θ ,φ ) = L (θ ,φ ) f (θ ,φ ;θ ,φ ) cosθ sinθ dθ dφ (1)i i i i i r r i i i i

π⁄2

0

2π

0
r r r ∫ ∫

where:

θ is the polar angle measured from the surface normal

φ is the azimuthal angle measured about the surface normal

L (θ ,φ ) is the reflected radiance (watts/steradian/meter in SI units)r r r
2

i i iL (θ ,φ ) is the incident radiance

f (θ ,φ ;θ ,φ ) is the bidirectional reflectance-transmittance distribution function (steradian )i i r r
-1

__________________

†The radiance equation is essentially Kajiya’s rendering equation [Kajiya86] with the notion of energy transfer between
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To reduce the variance between samples and speed convergence of Monte Carlo integration, light
sources are accounted for separately using an adaptive sampling scheme [Ward91]. As in most ray
tracing algorithms, specular contributions are computed with separate rays in the appropriate directions.
Once the direct and specular contributions have been removed from the integral, the indirect diffuse
contribution is computed using a Monte Carlo sampling of the hemisphere. Since this "indirect irradi-
ance" value is view-independent, and it changes slowly over surfaces in most scenes, it is more efficient
to perform the calculation only occasionally, caching the computed values for local interpolation. This
caching of irradiance samples is a significant optimization of more brute-force Monte Carlo ray tracing
algorithms such as Kajiya’s [Kajiya86].

In the meshless caching scheme described in [Ward88b], the location of the computed indirect irradi-
ance values is determined by the proximity and curvature of the surfaces, and does not fall on a regular
grid, so a weighted sum is used in place of a more standard bilinear interpolation. Furthermore, since
values are only computed as needed by the algorithm, extrapolation may occur in a region where no
previous values existed, until the need for a new value is strong enough to trigger another Monte Carlo
calculation. This process can result in some rather disturbing artifacts in a single pass scanline render-
ing, as shown in Figure 1a. The commonly applied solution to this problem involves a low-resolution
overture calculation to fill the desired view with indirect irradiance values prior to the final high-
resolution pass. Although this prepass requires only a modest additional expense, it is rather annoying
that it should be required by an otherwise elegant rendering algorithm.

The benefit of calculating the irradiance gradient is two-fold for the caching scheme used byRadiance.
First, we are able to produce more accurate interpolated values because we can use the gradient infor-
mation effectively in a higher order interpolating function. Second, we are able to produce more accu-
rate extrapolated values and thus greatly reduce caching artifacts. Figure 1b shows the same single-
pass calculation, this time using estimates of the irradiance gradient to more accurately extrapolate
values in unsampled regions of the image. We emphasize that the second image took approximately
the same time to produce as the first, and used the same hemisphere samples to compute the irradi-
ances. The only difference is that the second image extracted additional information from the hemi-
sphere samples to deduce the irradiance gradient at each sample point, and these gradients were used to
better interpolate and extrapolate irradiance values for the image. (Since the test environment contains
no specular surfaces and no direct illumination sources, changes in the diffuse interreflection calculation
are more evident here than in most scenes.)

Figure 1c plots interpolated irradiance values for a vertical line passing just under the right side of the
sphere. The difference between the actual irradiance and the cubic interpolation is too small to see in
this plot, but the poor match of the linearly interpolated irradiance is clearly evident. The relative
errors shown in Figure 1d amply demonstrate that a cubic interpolation of irradiance based on gradient
information is much more accurate than a standard linear interpolation.

2.1. Indirect Irradiance Calculation

The indirect irradiance is calculated inRadiance using a fixed number of samples in a uniformly
weighted, stratified Monte Carlo sampling:

E =
M.N

π_____ L (2)j ,k

N−1

k=0

M−1

j =0
Σ Σ

where:

L is the indirect radiance in the direction (θ ,φ ) =
B
A
D
sin

M

j +X_____, 2π
N

k+Y_____
E
A
G

j k−1
j ,k j k √MMM
j kX ,Y are uniformly distributed random variables in the range [0,1)

__________________

two points replaced by energy passing through a point in a specific direction.
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πM~~N is the total number of samples andN.M

Note that sample rays that intersect light sources must be excluded from the above summation because
direct illumination is accounted for in a separate step. The resulting sum is the indirect contribution to
irradiance at a specific point on a surface.

Irradiance samples, consisting of a point, a normal vector, and an irradiance value, are stored in an
octree for later interpolation. This irradiance octree is separate from the octree used to optimize ray-
surface intersection. In the original implementation, interpolation was a simple weighted sum over
usable irradiance values. The weight of a sample decreased as the interpolation point or normal vector
deviated away from the sample’s point and normal. A sample was considered usable if the estimated
error of its contribution to the approximation was less than a user-specified accuracy tolerance. The
error was estimated from the local geometry using the "split sphere model" to compute an upper bound
on the magnitude of the irradiance gradient.

The split sphere model is only a crude estimate of the gradient magnitude. It may be sufficient to
decide the spacing of irradiance calculations, but to improve our interpolation we need to know the
actual irradiance gradient, not just a directionless upper bound. Fortunately, the information we need is
already contained in the hemisphere sampling.

3. The Gradient Calculation

Since the irradiance in a scene is a function of five variables, three for the position and two for the
direction, the irradiance gradient should be a five-dimensional vector. For computational convenience,
we will compute instead two separate three-dimensional vectors. One will correspond to the expected
direction and magnitude of therotational gradient and the other to the direction and magnitude of the
translational gradient. Both gradient vectors will lie in the base plane of the sample hemisphere,
which is the tangent plane of the sample. Thus, each vector will in fact represent only two degrees of
freedom. This representation of the gradient is used because we only interpolate across a surface.
Furthermore, the irradiance above and below most surfaces is discontinuous, and the gradient with
respect to displacement in the polar direction is therefore undefined.

Our calculations of the rotational and translational irradiance gradients are based on very simple obser-
vations about the sampled environment. The sampling of rays over a hemisphere tells us much more
than the total light falling on the surface. It tells us the distance, direction, and brightness of each con-
tribution.

The directions and brightnesses tell us how irradiance changes as the sample hemisphere is rotated
because they indicate how the cosine projection of those contributions affects the overall sum. To take
a simple example, Figure 2a shows a single contributing surface. The background is assumed to be
darker than the surface. If we rotate our sample hemisphere to face this surface, its contribution
becomes proportionally larger than other contributions. If we rotate away from the surface, its overall
contribution is diminished. By summing over all such potential changes, we can compute the total rota-
tional gradient for the hemisphere.

For the translational gradient, the distances to the contributing surfaces must be considered because
occlusion plays an important role. In Figure 2b, a darker surface occludes a brighter surface in the
background. As the sample hemisphere is moved to the right in the diagram, the influence of the
brighter background surface becomes stronger, and therefore the translational gradient is positive in this
direction. By summing over at all such changes, we can compute the overall gradient with respect to
translation.

As an example of the kind of information available during the hemisphere sampling, see Figure 3. Fig-
ure 3a shows a projected hemisphere as seen from a point on the floor of a conference room. Figure 3b
is a false color image showing the distances to the surfaces as determined by a ray tracing calculation.
If we were to move towards the chair in the upper left of the image, we would note a decrease in the
overall irradiance as the chair’s dark underside covered more of our view of the ceiling. Figure 3c
shows a uniformly weighted stratification of about 2000 samples as computed by theRadiance
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interreflection calculation. Notice that the light sources appear dark, as they must be excluded from the
indirect contributions. Notice also that this image appears very crude as a rendering, yet it contains
many more samples than are typically used to calculate the indirect irradiance.

3.1. The Rotational Gradient

The rotational gradient formula simply sums the differential of the cosine for each contribution sample.
For the hemisphere sampling given in Equation (2), the formula is:

∇ E =
M.N

π_____ B
C
D
v̂ −tanθ .L

E
F
G

(3)j j ,k

M−1

j =0
k

N−1

k=0
r

→ Σ Σ
where:

v̂ is the base plane unit vector in theφ +
2
π__ directionk k

The tangent function appears in the summation because the differential of the cosine is negative sine
and our sampling contains the cosine weighting implicitly, thus it is necessary to multiply the sample
values by the tangent (sine over cosine) to get back a sine weighting.

3.2. The Translational Gradient

To compute the translational irradiance gradient, we consider how the projected solid angle of each of
the MN hemisphere cells is affected by a translation of the hemisphere center. The change in projected
solid angle, when multiplied by the radiance of a cell, will give the change in that cell’s contribution.
This rate of change is determined in part by the distance to the contributing surface. The closer the
surface, the higher the rate of change with respect to a displacement perpendicular to the boundary
between neighboring cells. In fact, it is always the distance to thecloser surface that determines the
rate of change in occlusion, since the relative motion of a foreground surface is greater than that of a
background surface.

Figure 4 shows the projection of a stratified hemisphere sampling onto the tangent plane of the surface.

steradians), thus each cell should cover the same____π
MN

Each cell has an equal projected solid angle (ie.

area in this diagram. To determine how the irradiance changes with translation in this tangent plane,
we sum the marginal changes for each cell. For cell (j,k) shown in the diagram, we consider two
approximately perpendicular directions. (Note that we have shown the sample direction at the center of
the cell, but in fact it lies at some random location in the cell.) One direction is polar, the other is
azimuthal. Computing the marginal change in irradiance for this cell reduces to computing the margi-
nal change in the two highlighted cell walls with respect to translation.

The change in irradiance with respect to translation for each cell wall is simply the length of the cell
wall multiplied by the rate of motion of the wall with respect to motion in a specific direction. For the
wall separating the two adjacent cells with the sameθ, the length of the cell wall is given by the
integral of cos(θ) from θ to θ . This is simply (sinθ − sinθ ). For motion perpendicular to thisj j j j− + + −

−kwall (ie. in the directionv̂ defined below), it is simple to show that motion of the cell wall is propor-

tional to 1⁄Min (r ,r ), wherer is the intersection distance in cell (j,k). Thus, the change in irra-j ,k j ,k−1 j ,k

k−
diance with respect to motion alongv̂ for cell (i,j) is:

Min (r ,r )

sinθ − sinθ_____________.(L − L )j ,k j ,k−1

j j

j ,k j ,k−1

+ −

Since we have computed the change in the location of the cell wall, we must use the difference in the
adjacent radiance samples to determine how this will affect the overall irradiance sum.

For the cell wall separating the two adjacent cells in the polar direction, the length of the cell wall is

sinθ . The motion of the wall with respect to the vector perpendicular to it (ie.û defined below)___.2π
N j − k
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Figure 4. Cells of an example hemisphere sampling.

is equal to
Min (r ,r

cosθ_____________. One cosine comes from the projection of the hemisphere’s tangent into the
j

2

j ,k j−1,k)

−

plane, and the other cosine comes from the reduced change inθ as a function of angle. (A rigorous
proof of this formula is left as an exercise for the reader.) Combining these terms, we arrive at the fol-
lowing formula for the change in irradiance with respect to motion alongû for the cell (i,j):k

j ,k j −1,k

j
2

j

j ,k j−1,k

− −
(L − L )_____________.

cosθ.sinθ

Min (r ,r )
___.2π
N

Combining these terms into a sum over all cells, we arrive at the following formula for the translational
irradiance gradient:

∇ E =

B
A
C
A
D

û
N
2π___

Min (r ,r )

sinθ .cos θ_____________.(L − L ) + v̂
Min (r ,r )

sinθ − sinθ_____________.(L − L )

E
A
F
A
G

(4)Σ Σ Σ→
t

k=0

N−1

k
j =1

M−1

j ,k j−1,k

j
2

j

j ,k j−1,k k
j =0

M−1

j ,k j ,k−1

j j

j ,k j ,k−1
+ −

−

− −

where:

û is the unit vector in theφ directionk k

k k− −
v̂ is the unit vector in theφ +

2
π__ direction

___j
M

θ is the polar angle at the previous boundary, sin
−j

−1√MM
√M M+j

−1 ____j +1
M

θ is the polar angle at the next boundary, sin
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__k
N

φ is the azimuthal angle at the previous boundary, 2πk−

j ,kr is the intersection distance for cell (j,k)

This summation has been regrouped to use thedifferences in radiance between neighboring samples,
summing over the boundaries rather than the cells themselves. This yields a much simpler formula.

3.3. Applying Gradients to Interpolation

If the irradiance were being interpolated on a mesh, it would be straightforward to apply the rotational
and translational gradients in a bicubic interpolation. However, the meshless interpolation used by
Radiancedemands a slightly different approach. The method we have chosen uses the same weighted
average and even the same weights as the original method, but with the irradiance values adjusted by
their corresponding rotational and translational gradients. This in effect increases the order of the inter-
polation. The interpolation does not have a polynomial basis, however, so it is difficult to compare to
more conventional forms.

The irradiance interpolation using the gradient vectors calculated by Equations (3) and (4) is as follows:

(5)___________________________________________
K
J∇ E.∇ E + (P − P ).E + (n̂ × n̂)I

Hw (P)

w (P)
E(P) =→

S
i

→
S

i
→

i i
→

r i
→ →

i
→

t iΣ
Σ

where:

w (P) =

R

| |P − P | |__________+ 1 − n̂.n̂

1______________________= weight of samplei

i
i

→ →

i

→
i

√MMMMMM

→
P is the test point position

n̂ is the surface normal at the test point

E is the irradiance value at sampleii
→

iP is the position of samplei

n̂ is the surface normal at sampleii

i
→

iR is the harmonic mean distance to objects visible fromP

S is the set of valid irradiance values,{i :w (P) > 1⁄a}→
i

a is a user-selected accuracy goal

Note that our calculation of the irradiance gradient is not used to determine the spacing of samples.
Such an approach would tend to bias the calculation, since areas that just happened to have small irradi-
ance gradients would be sampled at low density, even though there could still be sudden changes in the
irradiance value due to nearby surfaces. It is better to use the split sphere model to respond to the larg-
est expected gradient in determining the sample density, so that we do not miss anything important.
However, we may still want to use the more accurate formula (4) to increase the sample density where
the split sphere model underestimates the gradient.

The interpretation of the irradiance gradient allows one to perform the calculation separately for each
sample wavelength, or to combine into a spectral average. The latter was chosen for our implementa-
tion to save on storage costs, although this may be an unwarranted compromise in some contexts.
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4. Conclusion

The irradiance gradient can be calculated from the same hemisphere samples used to compute the point
irradiance. The extra computational cost is negligible compared to the cost of computing the samples,
and the benefit is greatly improved interpolation accuracy. This may sound like we are getting some-
thing for nothing, but in fact we are only better utilizing the information already available from a hemi-
sphere sampling.

Figure 5a shows a room with daylight entering through a doorway. This image was computed without
irradiance gradients in a two-pass calculation using interpolated values. Figure 5b shows the same
scene rendered using irradiance gradients to effectively increase the order of interpolation. Notice that
the second image is smoother around the doorway, where the indirect component is most influential.
Both images took roughly the same time to compute.

The gradient calculation as described in this paper is appropriate to any global illumination method
where surface brightnesses are being sampled over a hemisphere, such as a gathering radiosity or Monte
Carlo algorithm. Z-buffer methods such as the hemicube also yield the information necessary to com-
pute gradients, so the approach is not limited to ray tracing algorithms.

It may also be possible to use hemisphere sampling information to speed convergence of a progressive
radiosity or shooting Monte Carlo algorithm by noting the arrangement of visible surfaces and subdivid-
ing shooting patches where a shadow boundary is indicated. Since the final radiance of samples is not
known in such a technique, subdivision would have to be based mainly on geometric considerations.
Nevertheless, the information contained in a hemisphere sampling is considerable, and it seems wasteful
to ignore it.
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Figure 1c. Comparison between actual irradiance and interpolated values under diffuse
sphere.

Figure 1d. Relative error due to interpolation under diffuse sphere.



FFFFiiiigggguuuurrrreeee    2222bbbb....  Translational Gradient.  As our point
moves to the right, irradiance increases.

FFFFiiiigggguuuurrrreeee    2222aaaa....        As our point is rotated counter-clockwise,
the surface's contribution increases.
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Figure 4.  Cells of an example hemisphere sampling.
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C H A P T E R 12

Indirect Calculation

In Radiance, the indirect calculation includes all sources of illumination not
found during the direct calculation. This includes light reflected and transmitted
in specular directions (mirrored and refracted rays) as well as light bouncing dif-
fusely between surfaces in all directions. Mathematically, direct contributions
represent peaks identified a priori in the Li function of the radiance equation
(reprinted below), which we have seen how to account for in the preceding chapter.
In this chapter, we examine the methods Radiance uses to integrate places where the
BRTDF, fr, is large. Moreover, we will explain the diffuse indirect calculation, the
all-important treatment of the remainder of our integral, where neither Li nor fr is
known to be large.

(12.1)

The basic approach to the treatment of specular and diffuse reflection is to send
a small number of rays to sample the specular component, followed by a large num-
ber of rays to sample the diffuse component. To avoid geometric growth in the
diffuse calculation, values are cached in a specialized data structure for reuse at
nearby points. Briefly, the two strategies work as follows:

Lr θr φr( , ) Le Li θi φi,( )fr θi φi θr φr,;( , ) θicos θisin θid φd∫∫+=
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• Specular Sampling
One ray is sent in each designated specular direction. If the component is pure
(i.e., ideal reflection or refraction), the direction is completely determined. If the
component is rough-specular, Monte Carlo importance sampling is used to
determine the actual sample direction, and the contribution of light sources is
computed separately as part of the direct component.

• Indirect Irradiance Caching
Since light comes from undetermined reflections in the environment and con-
tributes to diffuse reflection, we have little choice but to sample over the entire
hemisphere at some point. We save ourselves from the dire implications of a
pixel-independent calculation by caching our calculated values and reusing them
efficiently.

In this chapter, we will look first at the specular component calculation, followed
by the intricacies of the diffuse indirect computation. As in the preceding chapter,
we will start with a basic explanation, followed by a discussion of the limitations of
each technique. Then we will describe the associated rendering parameters, fol-
lowed by details of the algorithms and pointers to the relevant C source code.

12.1 Specular Sampling

In Radiance, we take “specular” to mean any non-Lambertian component of surface
reflection or transmission. This includes refraction through a dielectric medium
(e.g., solid glass) as well as mirror-like reflection from a polished opaque surface or
directional scattering from a translucent material. Virtually every material type in
Radiance at least potentially has some specular component. A few materials, such
as dielectric and glass, are purely specular, and require neither direct nor diffuse indi-
rect calculations. Once the appropriate ray or rays have been directed and
computed for these materials, the evaluation of our radiance equation is finished.

In the more common case of surfaces with some Lambertian and some specular
component, the evaluation is a little more complicated. Part of the integral is com-
puted in the direct calculation, since the BRTDF is evaluated in the direction of
each light source (or subsource, if direct subsampling is on). We must therefore take
care not to double-count light sources. Any ray that hits a light source during the
indirect calculation must be ignored. Most of this tracking is managed with special
ray flags, which are tested during the evaluation of light source materials.
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In Radiance, reflectance is divided into as many as six components, depending
on the specific material primitive being used. (See the document on Radiance mate-
rials on the CD-ROM for details on each material type.) Breaking reflectance into
components permits us to tailor our sampling strategies efficiently.

For example, let us consider the two-component model used by the plastic mate-
rial type. One reflection component is Lambertian (i.e., uniform over the
hemisphere) and the other is specular or rough specular reflection centered about
the mirror direction. The specular component represents a peak in the BRTDF,
perhaps even a delta singularity.30 By sampling this component separately, we can
remove a large source of variance in our integral. We accomplish this in Radiance
by sending a single ray in a direction distributed about the mirror angle according
to the specified roughness value. If the roughness is zero, the specular ray is exactly
in the mirror direction, and a clear reflected image results in the sampled surface.
If the roughness is nonzero, we compute a random direction using Monte Carlo
importance sampling to get an accurate glossy reflection. The Lambertian diffuse
component is then computed either with a constant ambient value as in the original
Whitted formulation [Whi80], or using Monte Carlo hemisphere sampling and
value caching, discussed in the next section.

Other materials follow a similar strategy, sending rays in specular directions and
then using a diffuse interreflection calculation to account for any diffuse
components.

A few pictures will help to illustrate the relative importance of these components.
Figure 12.1 shows the light source positions and sizes as seen from a sample point
on the floor of a cabin model. Figure 12.2 shows the BRTDF evaluated at this point
for a specific view direction. Figure 12.3 shows the combination of the BRTDF
with the direct illumination pattern. Note that the largest contribution comes from
the relatively small source near the specular highlight, illustrating the importance
of using the reflectance function in the direct calculation. Figure 12.4 shows the
indirect sources of illumination in this scene. Note that the source positions are
dark, since they have already been taken into account. Figure 12.5 shows the
BRTDF combined with the indirect illumination. Again, the specular highlight
contains a significant (though not dominant) contribution. Sending a separate
sample ray in the specular direction would probably pay off in this case.

30. A delta singularity, or “Dirac delta function,” is a function that may evaluate to infinity at a point, but the integral 
in a region around this point is still finite. This construct is often used as a mathematical approximation to a physical 
quantity whose integral is more important than its value, such as BRTDF.
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Figure 12.6 shows a diagram of incident and reflected ray directions, which we
need to explain the reflection model and generation of sample directions for rough
specular reflection. For an isotropic material, such as plastic or metal, our Gaussian
reflection model is defined as follows:

(12.2)

where

ρd is the diffuse reflectance

ρs is the specular reflectance

δ is the angle between surface normal, , and the half vector between the
incident and reflected directions, 

α is the standard deviation (RMS) of the surface slope

Figure 12.1 The light sources as seen from a point on the cabin model floor.
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We generate two uniformly distributed random numbers, u1 and u2, in the range
(0,1].   We then generate the angles δ and φ using the following equations, which
are derived using standard Monte Carlo inversion techniques [Rub81]:

12.3a

12.3b

where

φ is the azimuthal angle

u1, u2 are uniform random variables in the range (0,1]

Figure 12.2 The cabin floor reflectance function magnitude for a specific viewing direction.
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At most, Radiance sends out one ray per specular direction in order to minimize
the number of spawned samples. Antialiasing takes place for these samples, along
with everything else on the image plane, via image reduction using the pfilt pro-
gram. For anisotropic materials, such as plastic2 and metal2, the above equations
are modified to become

(12.4)

where

ρd is the diffuse reflectance

ρs is the specular reflectance

αx is the standard deviation of the surface slope in the  direction

αy is the standard deviation of the surface slope in the  direction

δ is the angle between the half vector, , and the surface normal, 

φ is the azimuth angle of the half vector projected into the surface plane

Figure 12.3 The direct component multiplied by the floor reflectance function.

aniso θi φi, θr φr,;( )
ρd

π
----- ρs

1

θicos θrcos
------------------------------

δ
2

φ
2

cos αx
2

⁄ φ
2

αy
2

⁄sin+(tan–[exp

4παxαy
----------------------------------------------------------------------------------------⋅ ⋅+=

x̂

ŷ
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12.5a

12.5b

where

φ is the azimuthal angle relative to material anisotropy

u1, u2 are uniform random variables in the range (0,1].

Figure 12.4 The indirect component as seen from the cabin floor.
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The simplicity of the above formulas and the fact that they can be derived at all
is a key benefit of the Gaussian reflectance models used in Radiance. These models
were developed as approximations to measured surface reflectance data, and are
guaranteed to be physically valid so long as the parameters are kept within the pre-
scribed ranges [War92].

12.1.1 Limitations

Some materials cannot use Monte Carlo importance sampling because we have no
general method for computing sample positions from arbitrary BRTDFs. The spec-
ular lobe will be sampled if the material is one of the standard Radiance types
plastic, metal, trans, plastic2, metal2, or trans2, and the specular component is
above the threshold set by the -st option. Specular components that belong to an
arbitrary BRTDF type or are below the user-set specular threshold will be consid-
ered only during the direct and diffuse indirect calculations. That is, the assigned
BRTDF will be evaluated in light source directions, then the total will be added
into the diffuse indirect portion.

Figure 12.5 The indirect component multiplied by the reflectance function at the same scale
as Figure 12.3.
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The separation of reflection into diffuse and specular components, each with a
constant multiplier, is a limiting approximation. Some materials do not fit this
model very well because they become relatively more specular at high angles of inci-
dence. It is impossible to model this effect in Radiance without compromising the
energy balance of the diffuse indirect calculation, since a surface without a constant
diffuse multiplier actually has no Lambertian component. As with any approxima-
tion, it is important to weigh the benefits against the costs, and the benefits of
having a separable diffuse component are substantial.

12.1.2 Relation to Rendering Parameters

Two parameters control the specular indirect sampling in Radiance:

-st Sets the specular threshold. Any material whose specular component
is above this threshold will have its highlight sampled by tracing a ray
distributed about the transmitted or reflected direction. Materials
whose specular components are less than or equal to this threshold
will have this component added into the diffuse indirect calculation
to maintain energy balance, but with a loss of directionality. A value
of 0 means that any nonzero specular component will be sampled. A
value of 1 means that no specular component will be sampled.

Figure 12.6 Ray reflection diagram, showing important vector directions.
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-sj Sets the specular jitter amount. A value of 1 means that the entire
highlight will be sampled. A value of 0 means that only the highlight
center will be sampled, creating artificially sharp reflections in rough
specular surfaces. This may be desirable as a means to eliminate this
source of variance in the image (at the cost of simulation accuracy).
A value between 1 and 0 means that relatively more or less of the
highlight will be sampled.

Recommended Settings
The settings used by rad are determined solely by the QUALITY variable, as follows:

In most cases, a specular jitter value of 1 does not cost significantly more than a
lesser value and does not have any hidden drawbacks. The only problem with set-
ting -sj to 1 is that it may increase pixel variance on some surfaces. If this is a
problem, and having an artificially distinct reflection is not objectionable, this value
may be reduced. As for the specular threshold, a setting around 0.1 generally
ensures that metallic surfaces will have their highlights sampled and nonmetallic
surfaces will not. This may be a problem for particularly dark plastics, whose high-
light is relatively important even though the specular component may only be a few
percent.

Reflect ion Models

A reflection model is a mathematical formula designed to mimic the light-scattering
behavior of a class of materials. It may be derived from physical properties (e.g,
[HTSG91]), or from fits to measured BRTDF values (e.g, [War92]). An isotropic
model is one that has no dependency on the azimuthal orientation of the material;
that is, it is rotationally invariant. Materials that fit this model include most plastics
with uniform finishes and many painted surfaces. An anisotropic model is one that var-
ies with the azimuthal orientation of a surface, such as brushed metal or varnished
wood.

QUALITY = Low Med High

-st 0.5 0.1 0.01

-sj 0 0.7 1
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12.1.3 Algorithm Details and Source Code

In Radiance, similar material types are handled together by a designated module.
Among material types with a sampled specular component, the routines to handle
the types plastic, metal, and trans are in the module src/rt/normal.c. Routines to
handle plastic2, metal2, and trans2 are in src/rt/aniso.c. Each of these modules has
a similar structure, with a single function assigned to handle each of the three
related material types. We will focus here on the workings of the src/rt/normal.c
module, with the understanding that src/rt/aniso.c is mostly similar.

In src/rt/normal.c, there are three principal functions and one defined data struc-
ture, called NORMDAT. The function assigned to handle the three material types
plastic, metal, and trans is m_normal. The material structure and the intersecting ray
are passed to this function. After checking its arguments to make sure the material
is at least grossly valid, m_normal loads a NORMDAT structure, which will be used in
later calls to direct and gaussamp. Here are the m_normal and gaussamp routines in
pseudocode:

m_normal(m, r) begin
       if shadow ray and not trans type then return
       check material arguments
       check for ray hitting back of material
       load NORMDAT structure nd
       if trans type then
              compute transmitted direction
              if roughness is zero then \
                     trace ray straight through
       end if
       if shadow ray then return
       if specular reflection is nonzero then
              compute reflected ray direction
              if roughness is zero then \
                     trace mirror ray
       end if
       if roughness zero and no diffuse then return
       if roughness not zero then \
              call gaussamp(r,nd)
       if diffuse reflection not zero then
              call ambient for front side
              add in ambient multiplied by diffuse refl
       end if
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       if diffuse transmission not zero then
              call ambient for back side
              add in ambient multiplied by diffuse tran
       end if
       call direct(r,dirnorm,nd)
end m_normal

gaussamp(r, nd) begin
       if specular reflection and \
                     specular transmission are below \
                     -st sampling threshold then return
       compute surface coordinate axes
       if specular reflection above threshold then
              compute Monte Carlo reflected \
                     direction using -sj multiplier
              trace ray reflection
       end if
       if specular transmission above threshold then
              compute Monte Carlo transmitted \
                     direction using -sj multiplier
              trace ray transmission
       end if
end gaussamp

The dirnorm routine, also defined in src/rt/normal.c, is called by direct for each
light source to compute the appropriate coefficient for each source direction and
solid angle. It simply evaluates the BRTDF for the given direction, possibly using
the solid angle to approximate an integral average. (The direct routine was given
in pseudocode in Chapter 11.)

Some details have been glossed over or simplified in the above pseudocode to
avoid confusion. Note the places in m_normal where a shadow ray is treated differ-
ently. A shadow ray is a ray traced by direct toward a light source for shadow
testing. It is not necessary or useful to follow reflections from such a ray, so only
direct transmission is considered. For materials with no transmitted component, a
shadow ray always evaluates to zero.

The m_aniso, diraniso, and agaussamp routines in src/rt/aniso.c are roughly
equivalent to the m_normal, dirnorm, and gaussamp routines we have just explained,
except that they use the anisotropic reflection model and Monte Carlo sampling
equations given earlier in this chapter (Equations 12.4 and 12.5).
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Much of the work in computing reflection from surfaces with diffuse reflection
or transmission is hidden in the call to the ambient routine, which we will discuss
in the next section.

12.2 Indirect Irradiance Caching

After we have accounted for light source contributions and specular interreflec-
tions, we have captured the fastest-changing and therefore most visually significant
components of the radiance equation. Unfortunately, we are not yet finished,
because light also reflects diffusely between surfaces. Although the effects of diffuse
interreflection are subtle (color bleeding, gradations in shadow regions), they are
critical to the accuracy of the calculation and have an important influence on
appearance in scenes with little or no direct lighting.

By diffuse interreflection, we specifically mean Lambertian contributions from
surfaces not designated as light sources. In a standard Monte Carlo or path-tracing
evaluation of the radiance equation, we would need to sample random ray direc-
tions over the hemisphere (or sphere, for diffuse transmission) at each pixel. This
quickly becomes prohibitive, since it takes somewhere between 100 and 1000 rays
to adequately sample the hemisphere at a given point—more if multiple interreflec-
tions are considered.

The approach taken in Radiance is the following: we sample the hemisphere at
selected points, and interpolate values between these points. This works because the
diffuse indirect component tends to change slowly over surfaces, so it is not neces-
sary to recompute it at every pixel.

Point selection and interpolation are closely related. The interpolation algorithm
searches the cached indirect irradiance values, and if none of the previously com-
puted values are close enough to this point, a new calculation is invoked. (That is,
the current point is “selected” for evaluation.) A value is “close enough” if it has a
computed weight that meets the user-specified tolerance -aa. Before we go into
detail about how values are stored and interpolated, we will first explain the basic
calculation of indirect irradiance at a point.
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12.2.1 Computing Indirect Irradiance

Indirect irradiance is the integral of radiance not emanating directly from light
sources over the projected hemisphere. (Here, projected means cosine-weighted.) It is
defined as follows:

(12.6)

As with almost everything else in lighting, computing this quantity exactly
is impossible, except in a few degenerate cases.31 We therefore apply an approxi-
mation technique, which is Monte Carlo evaluation. We send a few hundred rays
(the actual number is set by the -ad option) out over the hemisphere and collect the
results into an average. The ray directions sampled are determined by standard
Monte Carlo inversion techniques [Rub81]:

(12.7)

where

Lj,k is the indirect radiance in the direction 

Xj, Yk are uniformly distributed random variables in the range [0,1)

 is the total number of samples and 

Figure 12.7 shows the point locations on a hemisphere using the above sampling
pattern. The lines indicate stratification boundaries; the points show where the
actual rays passed through.32 The area of each stratified region as projected onto
the plane below is identical to that of every other region. This is why the rays may
be given equal weight in the summation, which represents the optimal sampling
condition when nothing is known about the integrand.

31. One such case is that in which all surfaces emit light identically and have the same diffuse reflectance value. Such a 
scene would be uniformly one color, and hence nothing would be visible.
32. Stratification reduces variance in a stochastic technique when applied to an integrand with some coherence, by 
spreading samples more evenly over the domain. Note that many other uniform sampling patterns are possible, and 
may even provide better coverage. This pattern was chosen for its simplicity and the simplicity of building other algo-
rithms on top of it, such as the gradient calculation explained in the next section.
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In scenes where some light-scattering surfaces are much brighter than others, it
may be more efficient to sample those regions more heavily. The -as option specifies
a number of additional samples to send into the regions of the hemisphere with the
highest variance, estimated by the difference in sample radiances taken in each
neighborhood. Note that this technique is effective only if the number of initial
samples (set by -ad) is large enough to discover all of the problem areas [KA91].

Figure 12.8 shows a hemispherical fisheye view from the floor of a conference
room model. Figure 12.9 shows the values returned by about 2000 sample rays dis-
tributed according to our stratified sampling technique. Note that this number of
samples is not adequate to identify objects in the scene visually, though it is more
than enough to compute a good average value for indirect irradiance. Note also that
the light sources in the scene appear dark. This is because we are computing indirect
contributions, so any source that is intercepted returns zero in this part of the
calculation.

Figure 12.7 Sampling pattern used to compute indirect irradiance over the projected
hemisphere.
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In addition to computing the radiance in each direction, ray tracing also gives us
the distance to each sample point, as shown in Figure 12.10. We can use this infor-
mation to judge how quickly irradiance is changing over the surface, meaning we
can use it to compute the gradient. The gradient is useful for improving the accu-
racy of our interpolation method as well as for telling us when we may need closer
value spacing.

Irradiance Gradient Calculation
(The following explanation of irradiance gradients is excerpted from [WH92],
which is included in its entirety on this book’s CD-ROM.)

The hemispherical sampling tells us how much light is reflected from other sur-
faces visible from a point. The sum of these samples is simply the indirect irradiance
at that point. How does this value change as we move our point from side to side
or rotate our surface’s orientation? If we had this information, we might be able to

Figure 12.8 A hemispherical fisheye view from the floor of the conference room model.
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use it to get a better approximation to nearby values, which of course we need for
value interpolation. As we will see in this section, this irradiance gradient informa-
tion is contained implicitly in our hemispherical sampling.

The irradiance gradient indicates how the irradiance field is changing as a
function of position and orientation. It is the first derivative of a scalar field defined
in a multidimensional space, and is usually represented as a vector. Since the
irradiance in a scene is a function of five variables, three for the position and two
for the direction, the irradiance gradient should be a five-dimensional vector. For
computational convenience, we will compute instead two separate 3D vectors. One
will correspond to the expected direction and magnitude of the rotation gradient
and the other to the direction and magnitude of the translation gradient. Both
gradient vectors will lie in the base plane of the sample hemisphere, which is the
tangent plane of the sample. Thus, each vector will in fact represent only two
degrees of freedom. This representation of the gradient is used because we

Figure 12.9 The sampling pattern used to compute the indirect irradiance value at this point.
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interpolate only across a surface. Furthermore, the irradiance above and below most
surfaces is discontinuous, and the gradient with respect to displacement in the polar
direction is therefore undefined.

Our calculations of the rotation and translation irradiance gradients are based on
very simple observations about the sampled environment. The sampling of rays
over a hemisphere tells us much more than the total light falling on the surface. It
tells us the distance, direction, and brightness of each contribution.

The directions and brightnesses tell us how irradiance changes as the sample
hemisphere is rotated because they indicate how the cosine projection of those con-
tributions affects the overall sum. To take a simple example, Figure 12.11(a) shows
a single contributing surface. The background is assumed to be darker than the sur-
face. If we rotate our sample hemisphere to face this surface, its contribution
becomes proportionally larger than other contributions. If we rotate it away from
the surface, its overall contribution is diminished. By summing over all such poten-
tial changes, we can compute the total rotation gradient for the hemisphere.

Figure 12.10 The distances to surfaces available during the sampling process.
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For the translation gradient, the distances to the contributing surfaces must be
considered because occlusion plays an important role. In Figure 12.11(b), a darker
surface occludes a brighter surface in the background. As the sample hemisphere is
moved to the right in the diagram, the influence of the brighter background surface
becomes stronger, and therefore the translation gradient is positive in this direction.
By summing over all such changes, we can compute the overall gradient with
respect to translation.

Figure 12.12 shows a top-down view of our hemisphere sampling pattern. The
unit vectors u and v will be used to indicate the incremental gradients due to the
radiance sample at point (j,k).

The Rotation Gradient The rotation gradient is the partial differential of irradi-
ance with respect to orientation. To compute this, we simply sum the differential
of the cosine for each contributing sample. The formula is

(12.8)

where

 is the base plane unit vector in the  direction

Figure 12.11 As the point in the rotation gradient example (a) rotates toward the bright sur-
face, irradiance increases. Likewise, as the point in the translation gradient example (b) moves
to the right, irradiance increases.
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The tangent appears in the summation because the differential of the cosine is
the negative sine, and our sampling contains the cosine weighting implicitly, so it
is necessary to multiply the sample values by the tangent (sine over cosine) to get
back a sine weighting.

The Translation Gradient If we consider each hemisphere sample to be a little
patch of known radiance at a known distance that covers an associated area, we can
imagine what happens as we slide around in this environment. The patches move
around according to their positions, occluding or exposing neighboring patches
that are farther away, and being occluded or exposed by neighboring patches that
are closer. Spend a few moments imagining this as it might take place in the hemi-
sphere sampling shown in Figure 12.9. Of course, our samples are not the best

Figure 12.12 Samples and vector directions used to compute irradiance gradient.
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representation of the environment, but as an approximation of irradiance they are
perfectly adequate. And as an approximation to the gradient, we can suppose that
each sample defines an independent patch at a certain distance.

We can approximate the gradient associated with a given hemisphere sample
using the difference between it and neighboring samples, and the minimum dis-
tance along the boundary (for it is the closer boundary that appears to move faster).
Looking at Figure 12.12, we can compute the gradient for the two boundaries
shown in bold for sample (j,k), then repeat this for each sample to get the overall
sum. (Obviously, we will skip the inner border at the pole, since its length there is
zero.) Here is the formula:

(12.9)

where

 is the unit vector in the φk direction

k- is the unit vector in the φk- +   direction 

θj- is the polar angle at the previous boundary, 

θj+ is the polar angle at the next boundary, 

θk- is the azimuthal angle at the previous boundary, 

rj,k is the intersection distance for cell ( j,k)

Though this may look nasty, computationally it is quite simple. In fact, the time
required to compute the gradient is minuscule compared to the time spent tracing
the actual ray samples, and the benefit is substantial.   Our gradient approximation
increases the value of our hemisphere samples by extracting implicit information
about the environment, which we can use to improve interpolation accuracy and
ensure that we are spacing our indirect calculations appropriately.
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ûk

v̂
π
2
---

j
M
-----1–sin

j 1+
M

----------1–sin

2π
k
N
----

499-12ch.fm  Page 543  Friday, February 20, 1998  4:18 PM



544 C H A P T E R  12: Indirect Calculation
........................................................................................................................................................

Irradiance Interpolation
(The reader is referred to [WRC88] for more detailed explanations of the following
two subsections. This paper is included in printable form on the CD-ROM.)

The irradiance interpolation algorithm serves two essential purposes. The first is
to interpolate between cached indirect irradiance values. The second is to deter-
mine when there are not enough values in the cache to permit interpolation, thus
triggering a new hemisphere sampling at this point. In Radiance, we require only
that a single usable value be in the cache for interpolation to take place. (It would
be extrapolation in that case.)

The example in Figure 12.13 shows two previously computed indirect irradi-
ances, E1 and E2, and three sample points, A, B, and C. Point A is within the valid
range of both E1 and E2, and will use an interpolation of these two values. Point B
is within range of E2 only, and hence will be extrapolated from this single value.
Point C is not within range of either value, so a new value will be calculated at this
point, using the hemispherical sampling method. The result will then be stored in
the cache for later reuse.

The dual purposes of interpolation and proximity evaluation are served very well
by a weighted averaging strategy. The weights in this case are inversely proportional
to the error predicted for using a particular cache value at a new position. In our
example in Figure 12.13, interpolation at point A will use a weight for E1 that is
inversely proportional to the expected error of value E1 at point A. Likewise, the
weight for E2 will be inversely proportional to its expected error at A. If a weight
corresponds to an error greater than some user-specified tolerance (the -aa param-
eter), that cache value is not used. This defines the valid domain of a cached
irradiance, which is shown as a circle around each value in our diagram.

Figure 12.13 Indirect irradiances E1 and E2 were calculated previously and stored in the cache.
Test points A and B are close enough for interpolation, but point C needs a new value.
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But how can we compute the error to an unknown quantity? The best we can do
is come up with a reasonable bound to the error, using some defensible assump-
tions. In Radiance, we assume the indirect environment contains no bright,
concentrated sources, since these should have been treated in the direct component
calculation. (Also, naive Monte Carlo sampling is a very poor way to locate such
sources, so we would be in trouble even without interpolation if we did not remove
them.) Here we introduce the split sphere model, which represents an environment
with large rotation and translation irradiance gradients but with no concentrated
sources. By evaluating the error in this environment, we arrive at a maximum esti-
mate of error in arbitrary environments without concentrated sources.

The split sphere model is shown in Figure 12.14. Imagine two hollow hemi-
spheres, one whose inside is perfectly black and one whose inside emits light at a
constant level. A small surface element is placed at the center of the two hemi-
spheres, facing their shared equator as they are brought together. We wish to
evaluate the change in illumination on our surface element as it is shifted from one
side to the other (the x direction), or rotated so that it sees more black or more white
(the ξ angle).

Figure 12.14 The split sphere model. A differential surface element is suspended at the center
of a sphere split into light and dark hemispheres (as seen from the inside). The surface element
faces the dividing line between dark and light, shown by a cutaway in this drawing.

R
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The relative change in irradiance at our surface element due to motion in x or
rotation in ξ is given by a first-order Taylor expansion based on the differential
changes to the projected area of the light hemisphere:

(12.10)

Since our premise was that our environment behaves no worse than the split
sphere model, we wish to generalize the above formula to translation or rotation in
any direction. We accomplish this by replacing our independent variables with vec-
tor-derived quantities where motion in any direction or rotation about any angle
produces an error similar to x and ξ above:

(12.11)

where

The average distance R0 in the above equation is computed as the harmonic
mean (reciprocal mean reciprocal) of distances determined during Monte Carlo
sampling of the hemisphere. The reason for using a harmonic mean instead of a
straight mean is that the value appears in the denominator, and averaging this way
distributes the mean over the sum correctly.
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As we have mentioned before, we apply the inverse of error in a weighted average
of indirect irradiance:

(12.12)

where

Note that we have dropped the constants in our error estimate, since they were
valid only for the split sphere and are reasonably close to each other and to unity.
Using the above weighted average, we are guaranteed not to introduce error greater
than 1.4 times a in the split sphere environment. Other environments may be
worse if they have concentrated sources not accounted for in the direct calculation,
but the error will still be proportional to a. Thus, we have given the user a means
to control the calculation error via a method for spacing and interpolating values
that targets accuracy, rather than being purely heuristic. Furthermore, point loca-
tions can be arbitrary, so no meshing is required and no restrictions are placed on
the scene geometry.

The value of Ei(P) in Equation 12.12 is extrapolated from the cached irradiance
at Pi and its associated gradient, and is computed as follows:

(12.13)
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Ei is the irradiance value at sample i

 is the position of sample i

 is the surface normal at sample i

Why, if we have an expression for the gradient at each cached irradiance point,
do we use the split sphere model for our weights? Why not just use the computed
gradient as the error estimate and use that to compute the weights? We certainly
could, but remember that the split sphere was estimating worst-case error, not
actual error, and there are good reasons to prefer it. There will be places where the
gradient is small even though there are nearby surfaces, simply because the surfaces
have close to the same brightness. If we use this small gradient as our error estimate,
we may end up using the cached irradiance value far from its original calculation
point, where the gradient estimate may be way off because of a large second deriv-
ative. The split sphere model avoids this by overestimating the gradient where the
second derivative may be large, thus spacing values more closely.

We may still want to use the gradient as a criterion in places where the computed
gradient is larger than that predicted by the split sphere. This is a rare condition in
practice, but when it arises, it is good to respond with denser value spacing. This
highlights a basic principle of good sampling, which can be stated as follows:

Start with as many samples as you think you need to handle the worst case.
When you fail to converge, sample some more.

Sending ample initial samples is very important, because if you miss something at
the beginning, there is no way later even to discover that it is missing [KA91].

The Irradiance Cache
So far, we have discussed the calculation of indirect irradiance and its gradient from
hemisphere samples, and have noted that these values may be interpolated without
regard to meshing or surface representation. However, we have not mentioned how
the values are stored, or how the set S in Equation 12.12 is determined. Presumably,
we are caching a great many of these values, so if we have to search through the
entire list every time we interpolate, our algorithm is going to lose.

We could follow the course applied in radiosity algorithms and associate the val-
ues with surface positions, perhaps using a grid structure for indexing. This would
provide us with quick lookup, but it would also introduce some new difficulties.
We would need to restrict our geometry to primitives that could be sensibly divided
into a (u,v) coordinate space. Spheres, a favorite for ray tracing, are problematic in
this regard, as are many other shapes. Another drawback of surface association is
that a given indirect irradiance value might be useful on more than one surface.

Pi

n̂i
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Take the case of a landscape that has been tessellated into many small polygons on
a mesh. Adjacent polygons, if the landscape is fairly smooth, will have very similar
indirect irradiances, and requiring a separate calculation for each would be overkill.
If we tie our value lookup to surfaces, it is very difficult to share values with nearby
surfaces. Finally, we have the general problem of partitioning a surface with irregu-
larly spaced values that have very different valid domains. Plate 25 shows the
indirect irradiance point locations for a simple scene with three blocks. It would be
challenging to construct a partition of the floor surface that would provide conve-
nient lookup of nearby irradiance values. A Delaunay triangulation might work,
but making incremental changes to such a mesh as new calculation points are added
is tricky [Hec94, p. 24], and looking up values without actually breaking the sur-
face into smaller polygons (which would be wasteful of memory) is time-
consuming.

For these and other reasons, we chose a more general approach for 3D range
searching using an octree to determine the set S. This is not the same octree that is
used to sort surfaces for ray intersection, but another data structure that is com-
pletely independent of the scene geometry. This way, we minimize constraints on
the geometric representation while optimizing the search for nearby indirect irradi-
ance values.

The idea for each octree node is to have a list of indirect irradiances whose cen-
ters are in the corresponding cube and whose valid domains are proportional to the
cube size. Searching through the octree involves looking at all cubes that might con-
tain values whose domains contain the point P in question. Figure 12.15 shows an
example association between values and octree nodes where the cube size is greater
than twice but not more than four times the valid domain radii of contained values.
(The valid domain is equal to the harmonic mean distance to hemisphere samples,
Ri, times the user-specified accuracy value, a.)

The recursive search algorithm can be described in pseudocode as follows (this
is the sumambient routine mentioned in the source code section at the end of the
chapter):

foreach value at this node
       if wi(P) > 1/a and di(P) >= 0 then

              include value
       end if
end foreach
foreach child node
       if P is within half the child's size \
                     of its cube boundary then
              search child node
       end if
end foreach
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This algorithm searches not only the octree nodes containing the point P, but
any octree node with a boundary within half its side length of P. This guarantees
that all relevant cached irradiances will be examined. Because of the loose fit of the
octree and the fact that wi(P) depends on other things besides the distance to a
value, many irrelevant cached values will also be examined. The ratio between
octree node size and valid domain may be reduced and fewer irrelevant values will
be examined, but more nodes will be empty and therefore the amount of searching
will be roughly the same.

Besides caching these values in memory, it is often a good idea to store them on
disk so they can be reused for later renderings. The -af rendering option provides
this facility. In fact, the same file and values may be used simultaneously by multiple
rendering processes. Consistency is maintained by the network lock manager.33

33. The network lock manager is not available or working on all operating systems. If you have trouble sharing ambi-
ent files between multiple processes or using rpiece, the operating system is probably at fault.

Figure 12.15 Five indirect values are shown with their respective domains (circles) linked by
dotted lines to their respective octree nodes (squares).
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(This is discussed in some detail in Chapter 15.) Using the AMBFILE variable in rad
also allows what is called an overture calculation, which populates a scene with indi-
rect values prior to rendering by making a low-resolution first pass over the image
and throwing away the results. This increases interpolation accuracy and smooth-
ness significantly at a very modest expense, and is highly recommended.

Multiple Diffuse Reflections
What about multiple reflections between surfaces? How does indirect irradiance
caching affect this? Do we have to do anything special?

Diffuse interreflections in Radiance are limited to a maximum depth, set by the
-ab option. Since diffuse interreflections are expensive to calculate and in many
cases do not affect the distribution of illumination after one or two bounces, it
makes sense to limit them separately. This also provides a simple means of turning
the interreflection calculation off when it is not needed or desired, by setting -ab
to 0.

While indirect irradiance caching results in big savings for a single-bounce cal-
culation, it results in huge savings for multiple-bounce calculations. Without
caching, our initial hemisphere samples would each go out and spawn many addi-
tional samples, proportional to the number of initial samples to the power of the
number of bounces. Caching avoids such geometric growth in the calculation by
storing and reusing values at each level, keeping the number of higher-order sam-
ples to a minimum.

The only special modification we must make to our algorithm is to keep track
of what recursion level a value corresponds to. We can do this either by keeping sep-
arate lists for each level or by storing a number corresponding to the recursion level
in our data structure and testing against it as part of determining whether or not to
use a particular value. We chose the latter approach because it minimizes storage
and permits us to easily use lower levels for higher values when the opportunity
arises. (It usually does not, because we must calculate our higher levels first in order
to get our lower-level values.)

Figure 12.16 illustrates what happens when Radiance computes multiple inter-
reflections. Deeper levels in the ray tree end up spawning new indirect calculations
only when there are no nearby values cached. This happens relatively less frequently
as the calculation goes on and the deeper levels become sated. Additional optimi-
zations in the calculations reduce the number of hemisphere samples by 50% at
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each higher level and increase the effective value of the target interpolation accuracy
by 40%, because the effect on the final error decreases by the average surface reflec-
tance each time. (We assume the average reflectance to be about 50%.)

Figure 12.17 shows how this works in a three-bounce calculation. When the cal-
culation starts out, the deepest level is being filled. As level 3 reaches saturation,
level 2 begins to fill. Eventually, the initial level starts to fill up, though it never con-
stitutes the bulk of the calculation because only as many values as are needed for
the particular view are computed.

Constant Ambient Approximation
Obviously, we cannot calculate an infinite number of interreflections no matter
how efficiently we go about it. In most cases, the light being reflected is more or less
uniform after one or two bounces anyway. That is why, in Radiance, we apply a con-
stant approximation to interreflection after the requested number of bounces has
been computed. This ambient value is set by the -av option, given in units of watts/
steradian/m2. It corresponds to the average radiance measured in all directions over
the visible scene (excluding light sources) and is used in place of a locally computed
average from hemisphere samples.

The actual ambient approximation used in the calculation may not be a
constant, but may instead be a moving geometric average computed from the user-
specified ambient value and the accumulation of all indirect irradiances computed
so far. As the calculation progresses, the ambient approximation gradually becomes
more accurate and the initial -av value becomes less important. However, if the

Figure 12.16 The lines represent rays, and the points represent indirect evaluations. The rays
that reuse cached values do not propagate.
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initial value contained large errors, some of the indirect values cached early on may
be too high or too low, resulting in a few lighter or darker areas. The -aw option
controls this moving-average process. The initial value carries the integer weight
given by this parameter, and all indirect irradiance values are given unit weight in a
weighted geometric average (moving as new indirect values are added). If this value
is set to 0, the initial value is always used. This is preferable in scenes where some
areas are very much brighter than the area of interest, since indirect irradiance
computed in those brighter areas might otherwise “leak” into the darker regions.
Using a geometric mean rather than an arithmetic mean reduces the likelihood of
this, but it still happens in some circumstances.

12.2.2 Diffuse Illumination

Another use for the indirect irradiance calculation is to handle very large light
sources, especially distant sources such as the sky. Even though we know the sky to
be a significant source of illumination, and do not need an interreflection calcula-
tion to determine its brightness, it is difficult to treat it properly as part of the direct

Figure 12.17 This plot shows the relative computation time spent on each level of the interre-
flection tree as the calculation progresses.

Cumulative Points
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component. This is because it is so widespread that determining the associated
(very weak) shadow is both expensive and wasteful if undertaken at each pixel. If
we use the glow material type instead of light in our sky definition, we can avoid
sending large numbers of shadow rays and take advantage of the more thorough,
but less frequent, hemisphere sampling and value caching of the indirect
calculation.

Another example of putting light sources into the indirect calculation is when
they are very large and uniform, as with a luminous ceiling system. Rather than
describing the ceiling as one big light source, use the glow material type with an
active distance of zero. The illumination will then be considered as part of the inter-
reflection calculation, with a significant reduction in computation time and most
probably an improvement in appearance as well.

12.2.3 Limitations

As with any optimization, there are times when the indirect irradiance caching algo-
rithm runs into trouble. Most radiosity calculations have a serious problem with
“light leaks.” These are places where the illumination sneaks under an obstructing
surface during interpolation. A floor polygon near an outside wall in a scene with
daylight may, for example, look too bright near the corner because values are being
interpolated from the other side of the wall, where it is much brighter. This tends
to happen less often in Radiance than in radiosity programs, because interreflection
values are adaptively spaced closer and closer together on inside corners and in
cramped places. It can still happen, though, under certain conditions.

Figure 12.18 shows a classic case in which light leaks can happen in Radiance.
Because the two indicated points are so far away from the structure, they have very
large valid domains, and may accidentally be used for the floor inside the building,
whereas the nearby values have smaller domains that would prevent it. The solution
is to set the -ar (ambient resolution) value correctly. The ambient resolution con-
trols the minimum distance under which the interpolation accuracy is allowed to
gradually degrade. When you use this option, the minimum spacing between
cached values is the maximum scene dimension divided by the ambient resolution
times the ambient accuracy. The -ar parameter limits not only the minimum dis-
tance between cached values, but also the maximum distance, which is set to 64
times the scene size over the ambient resolution (except when -ar is 0). Placing a
limit on the maximum distance avoids the problem we have just illustrated by forc-
ing additional calculations over the exterior ground plane.
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Another, more common problem arises in scenes with very high detail, such as a
forest or a library full of bookshelves. Such a scene would require hundreds of thou-
sands, if not millions, of indirect irradiance values to accurately portray the
illumination on all the surfaces. In many cases, the indirect illumination of these
small surfaces is of minor consequence in the overall calculation, and a constant
ambient approximation would suffice in these areas. So that interreflection may still
be considered on more important surfaces, Radiance offers the -ai, -aI, -ae, and -aE
options to specify materials to include in, or exclude from, the indirect calculation.
Surfaces made of the named materials will be included or excluded from indirect
irradiance computation and caching, depending on the setting.

Sometimes interreflection is desired even on these detailed areas. In these cases,
the -ar option can be used to limit the number of values cached, or caching and
interpolation may be turned off entirely by setting -aa to 0. This generally necessi-
tates a small setting for the number of initial samples (-ad) to keep the problem
tractable. The drawback here is greater noise, but in a scene with many thousands
or millions of tiny surfaces, the noise may not be noticeable.

Figure 12.18 A typical scene with potential light leaks in Radiance. The points show cached
indirect irradiance values. The ones farthest from the building geometry are most likely to cause
problems, since they see no nearby surfaces.
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12.2.4 Relation to Rendering Parameters

Several parameters control the “ambient” calculation in Radiance:

-av Sets the constant ambient value approximation to the given RGB
radiance. This corresponds to the average radiance in all directions
in the visible scene, in watts/steradian/m2. If irradiance caching is
taking place, the given constant will be moderated by a moving aver-
age with the cached values. As more values are computed, the
original setting will have less and less influence.

-aw Sets the ambient weight for the given ambient value to the specified
integer. The initial value set with the -av option will dominate the
internal calculation until this number of new indirect irradiances has
been computed, at which point the computed values will begin to
dominate. A value of 0 turns the moving average computation off, so
that the initial value is always used. This is often necessary in scenes
with wildly varying indirect contributions, which might give
splotchy results if a true global average were employed.

-ab Sets the number of ambient bounces to the specified integer. This
many diffuse interreflections will be calculated before the constant
ambient value will replace a hemispherical sampling and/or interpo-
lation. A setting of 0 turns the interreflection calculation off.

-ad Sets the number of ambient divisions, which is how many initial sam-
ples will be sent out over the divided (stratified) hemisphere.
Increasing this value improves the accuracy of the calculated indirect
irradiances and is necessary in a scene with a lot of brightness
variation.

-as Sets the number of ambient supersamples. This is the number of extra
rays that will be used to sample areas in the divided hemisphere that
appear to have high variance. Supersampling improves accuracy sig-
nificantly in scenes with large bright and dark regions by carefully
sampling the shadow boundaries. It is rarely useful to specify more
supersamples than initial ambient divisions. In scenes with a lot of
small detail, it is better to put the extra samples into the divisions and
leave the supersamples at 0.

-aa Sets the ambient accuracy to the specified fraction. This is the maxi-
mum error permitted in the indirect irradiance interpolation, and is
generally less than 0.3. (Note that this would allow up to 30% error
in the indirect calculation, not in the overall calculation, which
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depends heavily on direct contributions.) Smaller values result in
closer spacing of indirect calculations, at a commensurate cost. A set-
ting of 0 turns indirect irradiance caching off.

-ar Sets the ambient resolution to the given integer. This setting is akin to
a universal grid resolution in a more conventional radiosity calcula-
tion. The accuracy of the indirect interpolation will start to relax at
distances less than the maximum scene size divided by this number.
This setting places a lower bound on the variable Ri (see
Equation 12.12) to avoid overkill on unimportant geometric detail.
(It also places an upper limit on Ri—see the section entitled Limita-
tions, above, for a discussion.) A setting of 0 allows Ri to take on any
value.

-af Stores cached values to the named ambient file. This provides a con-
venient mechanism for sharing indirect irradiances in multiple
invocations of rpict, rtrace, and rview. On systems with a working
network lock manager, values may even be shared between simulta-
neously active processes over the network. The Radiance program
lookamb can be used to examine or translate the contents of this por-
table binary file.

-ae Adds the named material to the ambient exclude list. Any surfaces
modified by this material are excluded from the indirect irradiance
caching and receive the constant ambient value approximation
instead. This is an effective way to avoid wasting time on minor geo-
metric detail. Additional materials may be given by additional -ae
and -aE options. See the rpict or rtrace manual pages for descriptions
of these and the complimentary -ai and -aI options.

Recommended Settings
Setting these parameters correctly is very important, because they affect both ren-
dering quality and time dramatically. Unfortunately, finding the optimal values is
not easy and requires some understanding of the underlying algorithms, as well as
knowledge of the scene being rendered and the desired output quality. Fortunately,
this is the sort of intelligence built into the rad program, with the required scene
information distilled into its more intuitive input variables.

The rad input variables that influence the ambient parameter settings are QUAL-
ITY, INDIRECT, VARIABILITY, DETAIL, ZONE, and EXPOSURE. In addition, the AMBFILE
variable is used to indicate an ambient file for the -af option.
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The EXPOSURE setting determines the -av parameter, which is set to 0.5/EXPOSURE.
If EXPOSURE is not set, a -av value of 0.01 is used for interior zones and 10.0 is used
for exterior zones.

Because of the interrelated nature of the variables and parameters, we show the
rad settings in a slightly different format in Table 12.1.

In certain pathological scenes, even setting VARIABILITY to High is not enough
to sample the indirect component adequately. In such scenes, the render variable
can be used to override the rad parameter settings. The render variable is also con-
venient for setting -ae and -aE options, which are not controlled by rad.

An example of a problem scene might be a forest, where any kind of irradiance
caching will get out of hand. To avoid interreflection calculations on the trees, we
can use the render option to name some excluded materials, like this:

render= -ae tree_bark -ae leaf_mat

QUALITY = Low QUALITY = Med QUALITY = High

-ab 0 -ab I -ab I+1

DET = Lo -ar 4d -ar 8d -ar 16d

DET = Med -ar 8d -ar 16d -ar 32d

DET = Hi -ar 16d -ar 32d -ar 64d

VAR = Lo -aa .4 -ad 64 -aa .3 -ad 128 -aa .25 -ad 256

VAR = Med -aa .25
-ad 196 -as 0

-aa .2
-ad 400 -as 64

-aa .15
-ad 768 -as 196

VAR = Hi -aa .15
-ad 256 -as 0

-aa .125
-ad 512 -as 256

-aa .08
-ad 1024 -as 512

Table 12.1 Parameter settings corresponding to rad input variables where I represents the
integer setting of the INDIRECT variable and d represents the maximum scene size divided by the
average ZONE dimension.
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If, instead, we want interreflection to be done everywhere but without caching,
we can use the following settings instead:

render= -aa 0 -ad 16 -as 0

Setting -aa to 0 turns off caching, which requires that we reduce the number of
hemisphere samples so that the calculation will finish in a reasonable time.

12.2.5 Algorithm Details and Source Code

There are two main modules that implement the diffuse indirect calculation in
Radiance, src/rt/ambient.c and src/rt/ambcomp.c. A header file, src/rt/ambient.h, and
an additional input/output module, src/rt/ambio.c, are also shared with the lookamb
program. The src/rt/ambient.c module contains routines for caching and interpolat-
ing indirect irradiances. The src/rt/ambcomp.c module contains routines for
sampling the hemisphere and computing the indirect irradiance gradients.

Most material functions see only a single call interface, ambient(acol,r), which
returns the ambient color for an intersected ray. It does this either by using the irra-
diance caching method we have discussed, or by using a modified ambient_value,
which is computed from the sum of the nav indirect values computed so far (avsum)
and the -av and -aw settings as follows:

if aw == 0 then
       ambient_value = av
else
       ambient_value = exp ((aw * Log(av) + avsum)/(aw + nav)

The ambient routine is defined in src/rt/ambient.c, and given in pseudocode here:

ambient(acol, r) begin
       if -ad is zero or #bounces >= -ab or \
                            material is excluded then
              set acol = ambient_value
              return
       end if
       if -aa is zero then
              call doambient(acol,r,..)
              return
       end if
       call sortambvals(0)
       call sumambient(acol,r,..)
       if successful then return
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       call makeambval(acol,r,..)
       if successful then return
       set acol = ambient_value
end ambient

Obviously, most of the actual work is carried out in other routines. The proce-
dure doambient computes the indirect irradiance and (optionally) the irradiance
gradients. It is also called by makeambval, which stores the results in the cache
octree. The sumambient function attempts to interpolate indirect irradiance from
cached values, returning nonzero if successful. Finally, the sortambvals procedure
periodically re-sorts the cache to optimize virtual-memory performance when the
number of stored values is large.

Two principal data structures are employed by the indirect caching routines:

• AMBTREE atrunk;
This is the base of the octree holding all the cached indirect irradiance values.
Each node contains a list of cached values at this cube and/or a pointer to eight
child nodes (an array of eight AMBTREE structures). The location and size of the
global octree cube are identical to those of the scene octree, which is stored in
the global variable thescene.

• typedef struct ambrec AMBVAL;
This is the basic structure in which indirect irradiances are stored. As well as the
indirect value itself (a Radiance color), there are fields for the 3D position and
surface normal vectors associated with the sample point. Also stored here is the
harmonic mean distance to other surfaces determined during hemisphere sam-
pling, the associated recursion level and sample weight, and the translation and
rotation gradient vectors.

Let’s start with a brief introduction of the routines in src/rt/ambcomp.c, which
sample the hemisphere and compute the actual indirect irradiance value and its
gradients:

• double doambient(COLOR acol, RAY *r, double wt, FVECT pg, FVECT dg);
This function computes the indirect irradiance for the ray intersection stored in
r and returns the harmonic mean distance to other surfaces, or zero if the calcu-
lation fails for some reason. If the vector pointers pg and dg are non-NULL,
doambient also computes the translation and rotation gradients. The routine
inithemi is called to compute the number of samples to use over the hemisphere
based on the sample weight, wt, and divsample is called to compute each ray
sample. If supersampling is done, comperrs is called to estimate the error at each
hemisphere division. If gradients are requested, posgradient and dirgradient
are called to compute the translation and rotation gradients.
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• void inithemi(AMBHEMI *hp, RAY *r, double wt);
Computes the number of divisions to use over polar and azimuthal directions
based on the sample weight and the user’s -ad setting. Sets up the coordinate axes
needed for vector generation in divsample.

• int divsample(AMBSAMP *dp, AMBHEMI *h, RAY *r);
Computes a ray sample for the given dp structure on the given hemisphere h
from the given parent ray, r. Returns 0 on success, or −1 if rayorigin indicates
some limit has been reached.

• void comperrs(AMBSAMP da[], AMBHEMI *hp);
Estimates variance for each ambient sample in the array da corresponding to the
sampling hemisphere hp. It does this by computing the average difference
between each value and its neighbors.

• void dirgradient(FVECT gv, AMBSAMP da[], AMBHEMI *hp);
Computes the rotation gradient vector gv for the ambient samples da over the
hemisphere hp. This is a straightforward implementation of Equation 12.8,
given earlier in this chapter.

• void posgradient(FVECT gv, AMBSAMP da[], AMBHEMI *hp);
Computes the translation gradient vector gv for the ambient samples da over the
hemisphere hp. This is a straightforward implementation of Equation 12.9, also
given earlier in this chapter.

The following procedures are contained in src/rt/ambient.c, and are called by the
ambient routine to cache and interpolate indirect irradiance values:

• double makeambient(COLOR acol, RAY *r, int al);
Computes and caches an indirect irradiance value at the ray intersection point
of r and ambient bounce level al. Calls doambient, to sample the hemisphere
and compute the associated gradients, and avsave, to store the resulting AMBVAL
structure in the octree atrunk. Returns the harmonic mean distance to visible
surfaces, or zero if unsuccessful.

• void avsave(AMBVAL *av);
Calls avstore to store the passed ambient value in its own allocated memory and
inserts the result into the octree atrunk with a call to avinsert. If an ambient file
has been opened (-af option), writeambval is called. If AMBFLUSH calls have been
made since the last file sync, ambsync is then called to update the ambient file.

• void avinsert(AMBVAL *av);
Insert the ambient value av into the octree atrunk. To do this, we simply descend
the tree looking for the cube that contains the sample point associated with av
and has the correct size relative to the associated value radius. (This routine is
given in pseudocode in the Irradiance Cache section of this chapter.) New nodes
are created as necessary along the way.
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• int ambsync();
If the target operating system does not support network file locking, this is
merely a call to the flush library routine and a resetting of the nunflshed vari-
able. For systems with file locking, ambsync permits the sharing of ambient files
and values among multiple, simultaneous invocations of the rendering pro-
grams. It accomplishes this by first checking to see if the ambient file has grown
in size. If it has, ambsync reads in the new indirect values (which must have come
from other running processes) before writing out its own buffer. A write lock is
put on the file during this operation to avoid contention and race conditions.

• double sumambient(COLOR acol, RAY *r, int al, AMBTREE *at, FVECT c0,
double s);
This recursive function searches the octree node at and its children, looking for
usable indirect irradiance values. Such values are modified by their gradients by
extambient, multiplied by their respective weights, and added into acol. Sumam-
bient returns the sum of all these weights plus the sum of all recursive calls to
itself. Zero is returned if no suitable values are found in the cache.

• void sortambvals(int always);
The purpose of this routine is to sort cached AMBVAL structures by most recent
access, so as to minimize thrashing in virtual memory environments. The Bool-
ean parameter always indicates whether rebuilding the octree is mandatory or
not. If not, sorting takes place only if the ambclock variable has been incre-
mented sortintvl times since the last sort. The variable sortintvl itself doubles
on each successive sort, to reduce the frequency of sorting as the process contin-
ues. Each AMBVAL structure contains a latick member that is set to the ambclock
value at the time of its last use by sumambient. This is used as the key for the sort.

12.3 Conclusion
In this chapter, we have described the accounting of indirect specular and diffuse
light components in Radiance. It is especially important to understand the indirect
diffuse component calculation in order to set sensible values for the associated ren-
dering parameters. Although these are controlled to some extent by the rad
program, there are always circumstances under which it is beneficial to override
these settings to arrive at a more efficient, quicker, or more accurate result.

In cases where the assumptions of the diffuse irradiance computation are not
met, specifically where there are bright, concentrated sources of indirect illumina-
tion, the performance of these algorithms will never be satisfactory. In such cases,
it is usually necessary to reclassify these sources back into the direct component cal-
culation. The next chapter, on secondary light sources, explains how this is done.
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